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Abstract
We study the importance of uncertainty and public finance to the welfare ranking of three
environmental policy instruments: pollution taxes, pollution permits and Kyoto-like numerical
rules for emissions. The setup is the basic stochastic neoclassical growth model augmented
with the assumptions that pollution occurs as a by-product of output produced and
environmental quality is treated as a public good. To compare alternative policies, we
compute welfare-maximizing values for the second-best policy instruments. We find that, in
all cases studied, pollution permits are the worst policy choice, even when their revenues
finance public abatement. When the main source of uncertainty is economic, the most
efficient recipe is to levy pollution taxes and use the collected tax revenues to finance public
abatement. However, when environmental uncertainty is the dominant source of extrinsic
uncertainty, numerical rules, being combined with tax-financed public abatement, are better
than pollution taxes.
JEL-Code: C68, D81, H23.
Keywords: general equilibrium, uncertainty, environmental policy.

Konstantinos Angelopoulos
University of Glasgow
K.Angelopoulos@lbss.gla.ac.uk

George Economides
Athens University of Economics & Business
gecon@aueb.gr

Apostolis Philippopoulos
Department of Economics
Athens University of Economics and Business
76 Patission street
Greece – Athens 10434
aphil@aueb.gr

February 17, 2010
We thank Nick Hanley, Saqib Jafarey, Jim Malley, Elissaios Papyrakis, Hyun Park, Vangelis
Vassilatos and Tassos Xepapadeas for comments and discussions. Any errors are ours.

1.

Introduction

Environmental degradation caused by human activities is a main concern worldwide.
When economic agents do not internalize the effects of their actions on the
environment, there is need for government intervention to enact appropriate policies
that deal with the negative externalities of pollution emissions. Policy intervention can
take many forms. It is thus useful to be able to rank alternative environmental policies
according to certain criteria, so that the society can choose the best one.
Examples of environmental policy instruments include pollution taxes,
pollution permits (also known as cap-and-trade policy) and numerical targets for
cutting emissions (also known as command-and-control policy).1 All three are
distorting and so second best. In the case of taxes, the government raises the price of
pollution-generating activities. In the case of permits, the government creates a market
for pollution, by issuing a number of permits, and firms pollute as much as they wish
to the extent that they pay the price. In the case of numerical targets, the government
sets an emission standard directly so that firms have to restrict their production
accordingly and/or make particular technology and fuel choices. Although this list is
not exhaustive,2 there has always been a lot of interest in the relative desirability of
these three instruments by both policymakers and researchers (among researchers, see
e.g. Stokey, 1998, section 6).
Two issues are particularly important to the debate on the choice of the
appropriate policy instrument. The first issue has to do with the size and source of
uncertainty. In assessing the risks from climate change and the costs of averting it,
there is a variety of uncertainties that contribute to big differences of opinion as to
how, and how much, to limit emissions (on uncertainty and the environment, see e.g.
the Congressional Budget Office paper prepared for the Congress of the US, 2005).
The second issue refers to the public finance requirements of environmental
protection. It is recognized that the more ambitious is the environmental policy, the
higher the finance requirements for adaptation and mitigation actions,3 and public

1

An example of numerical targets is the reduction of emissions by 25-40% compared to 1990 levels by
2020. Such rules were a key part of the Kyoto protocol designed in 1997 and continue to be a debated
issue (see the Copenhagen UN Conference in December 2009).
2
For other second-best policy instruments to reduce pollution, see e.g. Goulder et al. (1999) and
Bovenberg and Goulder (2002).
3
According to the European Commission’s estimates, finance requirements could reach 100 billion
euros per year by 2020 in developing countries only (see the Communication from the European
Commission, 2009).
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finance should play a key role in meeting these requirements (on finance and the
environment, see e.g. the Communication from the European Commission, 2009).4
In this paper, we study the roles of uncertainty and public finance in the
welfare ranking of alternative environmental policies in a micro-founded dynamic
stochastic general equilibrium (DSGE) model. Motivated by the above, we focus on
the three following policy regimes. We first model the case in which the government
levies taxes on polluting activities and uses the collected tax revenues to finance public
abatement activities. We then study the case in which public abatement activities are
financed by the sale of auctioned pollution permits. We finally study the case in which
environmental policy takes the form of binding numerical rules à la Kyoto, which
specify both a long-term pollution target and the speed to that target over time.
Our setup is a basic stochastic neoclassical growth model augmented with the
assumptions that pollution occurs as a by-product of output produced and
environmental quality has a public good character. Within this setup, there is reason
for policy intervention. There are two exogenous stochastic processes that create
uncertainty about future outcomes. The first is uncertainty about production technology
(standard shocks to total factor productivity) and the second arises from uncertainty
about the impact of economic activity on the environment.5 Loosely speaking, we call
the former shock “economic” and the latter “environmental”.
We study the implications of the above three policy regimes for economic
outcomes (output, consumption, etc), environmental quality and, ultimately, social
welfare. The latter is defined as the conditional expectation of the discounted sum of
household’s lifetime utility. Since the equilibrium solution in each regime depends on
the value of the second-best policy instruments employed, we compare the alternative
policy regimes when the policy instruments under each regime take their welfaremaximizing values. We focus on flat over time policy instruments (see also e.g.
Stokey and Rebelo, 1995). To solve the model and compute the associated welfare
under each policy regime, we approximate both the equilibrium solution and the
welfare criterion to second-order around their non-stochastic long-run (in particular,
we use the methodology of Schmitt-Grohé and Uribe, 2004).
4

Governments undertake a lot of environmental protection activities (known as public abatement).
Examples include policies that protect, conserve and generate (via innovation) the natural resources, as
well as policies that provide the right environmental incentives. All these are costly activities that
require public funds. Actually, the proportion of public expenditure in total expenditure on abatement is
high in most countries (see e.g. Hatzipanayotou et al., 2003, and Haibara, 2009).
5
Future trends in emissions are uncertain depending on the pace of economic growth, the demand for
fossil fuel, the development of technologies, etc (see e.g. the Congressional Budget Office paper prepared
for the Congress of the US, 2005).
2

Our main results are as follows. First, public abatement activities constitute an
important part of environmental policy. Policies that yield no pollution revenues, and
do not allow for public abatement, suffer a disadvantage relative to revenue-yielding
policies like pollution taxes and auctioned pollution permits.6 In our setting, this
implies that, without being combined with public abatement policy, pure Kyoto-like
rules cannot be comparable to taxes and permits and, at least for a wide range of
parameter values, such rules are clearly inferior to taxes and permits. Hence, to make
the comparison of alternative regimes meaningful when we move to a stochastic
world, instead of studying pure rules, we study a mixed regime that combines (in the
long run) rules with public abatement policy financed by, say, pollution taxes. Now,
when second-best policy instruments take their welfare-maximizing values, all three
policy regimes give the same welfare in a deterministic world. This implication is
consistent with Weitzman (1974).
Second, in an uncertain world, permits are clearly the worst regime. They may
fix environmental quality at a relatively high level, but only at the cost of exposing
this quality to exogenous shocks and damaging private consumption. Actually, the
higher the extrinsic (economic or environmental) uncertainty, the higher is the
disadvantage of permits relative to taxes and mixed rules. This holds for a wide range
of parameters, shocks and relative variances of different categories of shocks. We
believe this happens (i.e. permits are inferior to both taxes and mixed rules) because
they are a hybrid of price- and quantity-based regulations.7 As a price-based
instrument, they are less closely connected to the heart of the market failure (pollution
externality) than pollution taxes. At the same time, as a quantity-based instrument,
they provide less controllability than numerical rules that command agents to produce
or emit a certain level.
Third, in an uncertain world, the verdict of taxes versus mixed rules is open
depending on the relative variances of different categories of shocks affecting the
economy. The main advantage of rules over taxes is that they eliminate environmental
volatility. But this is achieved at the cost of lower and more volatile consumption.
When extrinsic uncertainty arises from economic sources, the latter effects dominate
and hence taxes are preferable to rules. However, when environmental uncertainty is
the dominant source, the former effects dominate and so rules are preferable. To
6

This presupposes that any revenues from pollution taxes or auctioned permits are earmarked for the
financing of public abatement. This is a conventional notion in the literature. See e.g. Haibara (2009).
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further analyze this finding, we examine the first and second moments of those
endogenous variables that determine welfare under each policy regime and each level
of uncertainty. Commands to produce a certain level of output enjoy an efficiency
advantage when environmental uncertainty is high and the marginal benefits from
nature protection are big. By contrast, when environmental uncertainty is relatively
low, it is better to name a price and let private agents find the optimal quantities
themselves; in this case, policies like numerical rules for emissions, which reduce the
number of choices that private agents can make, hurt the macro economy. This
intuition is consistent with Weitzman’s (1974, pp. 485-6) interpretation, comparing
price vs quantity controls in a static framework.
The rest of the paper is organized as follows. The next section explains how
we differ from the literature. Sections 3, 4 and 5 solve for taxes, permits and rules
respectively. The first-best is in section 6. Section 7 compares welfare across regimes.
Section 8 closes the paper. An appendix includes details.

2.

How we differ from the literature

Our work is the first attempt to welfare-rank these three debated second-best
environmental policies (taxes, permits and numerical rules) in a unified microfounded DSGE model, by paying particular attention to the source of uncertainty
faced. Our work also differs because we allow the government to play a mix of roles
(to correct externalities, to raise funds to finance public abatement and to shield the
economy from shocks) that are important in the policy debate. Finally, we look not
only at the final welfare effects, but also at the various channels through which
extrinsic uncertainty shapes welfare and, in particular, we look at the first and second
moments of endogenous economic and environmental variables.
In his seminal work, Weitzman (1974) compared price- and quantity-based
regulations showing that uncertainty causes otherwise equivalent policies to produce
different results. Weitzman focused on the case in which the regulator is uncertain
about the marginal cost and benefit of pollution and (as Bovenberg and Goulder,
2002, p. 1530, and Schöb, 1996, point out) worked in a first-best setting in the sense
that regulation does not distort private decisions. Since then there has been a rich and
still expanding literature on the comparison of alternative policy instruments in the
7

As explained by Bovenberg and Goulder (2002, p. 1520), they are price-based because market forces
determine the price of permits. On the other hand, they are quantity-based because the government sets
4

presence of uncertainty. However, in most of these papers, the approach has been
static and/or partial equilibrium, and the comparison is between taxes and quotas only
(see the survey by Bovenberg and Goulders, 2002, section 4.2). An exception is Pizer
(1999) who used a DSGE model. However, he compared “rate controls” with taxes
only. In addition, as noted above, here we use a second-order approximation to both
the equilibrium solution and the welfare criterion. This is important because it allows
us to take properly into account the effects of uncertainty on welfare evaluations.
It is worth stressing that the previous environmental literature has not
examined the importance of the source of extrinsic uncertainty for the choice of
efficient policies; as we find, this is crucial. In addition, the literature has not
considered public abatement together with pollution regulation.8 Finally, none of the
previous studies has studied numerical rules for emissions.

3.

A model with pollution taxes

We augment the basic stochastic neoclassical growth model with natural resources
and environmental policy. The economy is populated by a large number of identical
infinitely-lived private agents that derive utility from private consumption and the
stock of environmental quality. Private agents consume, save and produce a single
good. Output produced generates pollution and this damages environmental quality.9
Since private agents take economy-wide environmental quality as a public good, i.e.
they do not internalize the effects of their actions on the environment, the
decentralized equilibrium is inefficient. Hence, there is room for government
intervention.
We start by studying the case in which the government imposes taxes on
polluting activities and in turn uses the collected tax revenues to finance public
abatement policy. This is a usual environmental policy in the growth literature (see e.g.
Xepapadeas, 2004, and Economides and Philippopoulos, 2008).

the total amount of permits and emissions. See also below.
Schöb (1996), Goulder et al. (1999) and Bovenberg and Goulder (2002, section 4.1), among many
others, have also emphasized the public-finance aspect of environmental policies. But they focus on the
so-called revenue recycling effect, which means that the revenues generated by environmental policy
can be used to finance cuts in pre-existing more distorting taxes. Baldursson et al. (2008) focus on the
time-consistency of various environmental policy instruments.
9
Our results do not change if pollution also occurs as a by-product of consumption. On the other hand,
modeling pollution as a by-product of economic activity (production or consumption) can differ from
the case in which natural resources are extracted from preserved natural environments to be used as
inputs in production.
8

5

Private agents
For simplicity, the population size is constant and equal to one. The private agent’s
expected utility is defined over stochastic sequences of private consumption, ct , and
the economy’s beginning-of-period environmental quality, Qt :
∞

E0 ∑ β t u (ct , Qt )

(1a)

t =0

where 0 < β < 1 is a time preference rate and E0 is an expectations operator based on
the information available at time zero.
Without loss of generality, we use for instantaneous utility:

u (ct , Qt ) =

[(ct ) µ (Qt )1− µ ]1−σ
1−σ

(1b)

where 0 < µ ,1 − µ < 1 are the weights given to consumption and environmental
quality respectively and σ ≥ 1 is a measure of risk aversion.
The private agent’s within-period budget constraint is:

kt +1 − (1 − δ k )kt + ct = (1 − τ t ) yt = (1 − τ t ) At ktα

(2)

where yt = At ktα is current output,10 k t +1 is the end-of-period capital stock, k t is the
beginning-of-period capital stock, At is a standard index of production technology
(whose stochastic motion is defined below), 0 < α < 1 and 0 ≤ δ k ≤ 1 are usual
parameters, and 0 ≤ τ t < 1 is the tax rate on (polluting) output.
The agent chooses {ct , kt +1}t∞=0 to maximize (1a-b) subject to (2) taking policy
variables and environmental quality as given. The latter is justified by the open-access
and public-good features of the environment.

10

We abstract from labor-leisure choices to keep the model simpler. We report that this is not
important qualitatively.
6

Natural resources

The stock of environmental quality evolves over time according to:11
Qt +1 = (1 − δ q )Q + δ q Qt − pt +ν gt

(3)

where Q ≥ 0 represents environmental quality without pollution, pt is the current
pollution flow, g t is public spending on abatement activities, and 0 ≤ δ q ≤ 1 and

ν ≥ 0 are parameters measuring respectively the degree of environmental persistence
and how public spending is translated into actual units of renewable natural resources.
The flow of pollution, pt , is modeled as a by-product of output produced, y t :
pt = φt yt = φt At ktα

(4)

where φt is an index of pollution technology or a measure of emissions per unit of
output.12 We assume that φt is stochastic (its motion is defined below).

Government budget constraint
Assuming a balanced budget for the government, we have in each period:
gt = τ t yt = τ t At ktα

(5)

so that clean-up policy, g t , is financed by taxes on polluting activities.

Exogenous stochastic variables
We assume that the two technologies, At and φt , follow AR(1) stochastic processes
of the form:

At +1 = A(1− ρa ) Atρa eε t +1
a

φt +1 = φ

(1− ρφ )

ρ

φt φ eε

(6a)

φ

t +1

(6b)

11

The motion of natural resources in (3) is as in Jouvet et al. (2005); see p. 1599 in their paper for
further details. The inclusion of the parameter Q ≥ 0 is helpful when we solve the model numerically.
12
One could assume that pollution technology has also an endogenous component depending on e.g.
private and public investment in pollution-reducing technology.
7

where A and φ are constants, 0 < ρ a , ρφ < 1 are auto-regressive parameters and

ε ta , ε tφ are Gaussian i.i.d. shocks with zero means and known variances denoted as σ a2
and σ φ2 .

Decentralized competitive equilibrium (given pollution tax rates)
The Decentralized Competitive Equilibrium (DCE) of the above economy can be
summarized by the following equations at any t ≥ 0 (see Appendix A for details):

kt +1 − (1 − δ k )kt + ct = (1 − τ t ) At ktα

(7a)

⎡ ∂u
⎤
∂ut
= β Et ⎢ t +1 [1 − δ k + (1 − τ t +1 )α At +1ktα+1−1 ]⎥
∂ct
⎣ ∂ct +1
⎦

(7b)

Qt +1 = (1 − δ q )Q + δ q Qt − (φt −ντ t ) At ktα

(7c)

where

∂ut
= µ (ct ) µ (1−σ )−1 (Qt )(1− µ )(1−σ ) .
∂ct

We thus have a three-equation system in {ct , kt +1 , Qt +1}t∞=0 . This DCE is for
given policy (where the latter is summarized by pollution tax rates {τ t }t∞=0 levied by
the government), initial conditions for the stock variables, k0 and Q0 , and stochastic
processes for the exogenous variables, At and φt . In section 7, we will choose the
pollution tax rate optimally.13

4.

The same model with pollution permits

The government creates a market for pollution by issuing a number of permits that
matches its maximum target amount of pollution. In order to pollute legally, a private
agent has to hold a number of permits equal to its own quantity of pollution. In turn, the
government uses the collected revenues to finance public abatement policy. The model
in this section is similar to that in Jouvet et al. (2005).
In particular, we assume that at each time t , the government issues a quantity
of pollution permits, Pt , and auctions them at a price, qt . These permits are bought in

13

The case of Pigouvian taxes, in which tax rates are chosen to correct for externalities only, can
follow as a special case. See Appendix A for details.
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the current period but can be used by the polluting private agent/firm in the next time
period, t + 1 .14 Thus, the private agent’s budget constraint changes from (2) to:

kt +1 − (1 − δ k )kt + ct + qt pt +1 = yt = At ktα

(8)

where pt +1 = φt +1 yt +1 = φt +1 At +1ktα+1 . Thus, although the private agent keeps treating Qt
as given (public good), he now realizes that pt = φt yt = φt At ktα when he solves his
problem.
The government budget constraint changes from equation (5) to:

gt = qt Pt

(9)

Decentralized competitive equilibrium (given the quantity of pollution permits)
The Decentralized Competitive Equilibrium (DCE) of the above economy can be
summarized by the following equations at any t ≥ 0 (see Appendix B for details):15

kt +1 − (1 − δ k )kt + ct + qt Pt =

Pt −1

(10a)

φt

∂ut
∂u
(1 + α qt Et [φt +1 At +1ktα+1−1 ]) = β Et [ t +1 (1 − δ k + α At +1ktα+1−1 )]
∂ct
∂ct +1

(10b)

Qt +1 = (1 − δ q )Q + δ q Qt − Pt −1 + ν qt Pt

(10c)

Pt = Et pt +1 = Et [φt +1 At +1ktα+1 ]

(10d)

We thus have a four-equation system in {ct , kt +1 , Qt +1 , qt }t∞=0 . This new DCE is
for given policy - where the latter is summarized by the quantity of pollution permits
{Pt }t∞=0 issued by the government - initial conditions for the stock variables, k0 and
Q0 , and stochastic processes for the exogenous variables, At and φt . In section 7, we
will choose the quantity of pollution permits optimally.16
14

This is close to the recent Obama climate-change bill, where the government issues a fixed number
of permits to emit carbon dioxide each year, which firms must buy before releasing their stuff into the
atmosphere (see e.g. The Economist, July 4, 2009, p. 37).
15
Equation (10d) is a market-clearing condition which states that, in equilibrium, agents’ demand for
pollution equals supply with the latter determined by the government. See also Jouvet et al. (2005).
16
We will also report results for the symmetrically opposite case in which the government sets the
price of permits {qt }t∞= 0 allowing their quantity to be endogenously determined. The case, in which
9

5.

The same model with Kyoto-like numerical rules for emissions

We now study the case in which the government sets a long-term pollution target and
also specifies the speed to that target. By speed, we mean that pollution tomorrow will
be a fraction of pollution today, where this fraction is also part of environmental
policy. In our setup, this approach can be captured by a policy rule like:
pt +1 = (1 − γ t ) p + γ t pt

(11)

where p is long-run pollution and 0 < γ t ≤ 1 is an autoregressive “parameter”. The
values of p and {γ t }t∞=0 are policy instruments.
Assuming that emission rules are binding all the time, and since
pt = φt yt = φt At ktα at all t , the motion of pollution in (11) also determines the motion
of capital, {kt +1}t∞=0 ; in turn, private consumption follows residually from the private
agent’s budget constraint.17 Note that now there are neither public revenues nor public
cleanup, gt = τ t = qt = 0 (see below for further details).

Decentralized competitive equilibrium (given pollution rules)
The Decentralized Competitive Equilibrium (DCE) of the above economy can be
summarized by the following equations at any t ≥ 0 (see Appendix C for details):
kt +1 − (1 − δ k )kt + ct = At ktα
⎛ (1 − γ t ) p γ tφt At ktα
+
kt +1 = ⎜⎜
At +1φt +1
⎝ At +1φt +1

(12a)
1/ α

⎞
⎟⎟
⎠

(12b)

Qt +1 = (1 − δ q )Q + δ q Qt − φt At ktα

(12c)

We thus have a three-equation system in {ct , kt +1 , Qt +1}t∞=0 . This new DCE is for
given policy - where the latter is summarized by the long-run pollution target, p , and
the autoregressive “parameter” {γ t }t∞=0 in (11) - initial conditions for the stock
permits are chosen to correct for externalities only, can follow as a special case. See Appendix B for
details.
17
See also the discussion in Stokey (1998, p. 18). The property that, in this policy regime, the private
agent is left with nothing to choose is a special case of the more general property that all commandand-control policies reduce the number of choices that private agents can make.
10

variables, k0 and Q0 , and stochastic processes for the exogenous variables, At and

φt . Section 7 below will choose the values of these policy instruments optimally.

6.

Social planner solution

We finally present the social planner’s solution. This is the first-best serving as a
benchmark. The planner chooses allocations {ct , gt , kt +1 , Qt +1}t∞=0 directly to maximize
(1a-b) subject to resource constraints only. The solution is (see Appendix D for
details):
kt +1 − (1 − δ k )kt + ct + gt = At ktα

(13a)

∂ut
∂u
= β t +1 (1 − δ k + α At +1ktα+1−1 ) − βξt +1φt +1α At +1ktα+−11
∂ct
∂ct +1

(13b)

Qt +1 = (1 − δ q )Q + δ q Qt − φt At ktα +ν gt

(13c)

ξt = β

∂ut +1
+ βδ qξt +1
∂Qt +1

(13d)

∂ut
= νξt
∂ct

where

∂ut
= µ (ct ) µ (1−σ )−1 (Qt )(1− µ )(1−σ ) ,
∂ct

(13e)

∂ut +1
= (1 − µ )(ct +1 ) µ (1−σ ) (Qt +1 )(1− µ )(1−σ ) −1
∂Qt +1

and

ξt > 0 is a dynamic multiplier associated with (13c).
We thus have a five-equation system in {ct , gt , kt +1 , Qt +1 , ξt }t∞=0 . This is given
initial conditions for the stock variables, k0 and Q0 , and stochastic processes for the
exogenous variables, At and φt . We report that this first-best solution is always
welfare superior to the second-best regimes studied in sections 3-5 (this holds for any
feasible values of the distorting policy instruments).

7.

Evaluation of second-best policies

This section evaluates the alternative second-best policy regimes developed in
sections 3-5. Since the DCE solution and the resulting welfare under each policy
regime depend on the value(s) of the policy instrument(s), we will compare the
11

optimum welfare across regimes, namely, the welfare resulting from the optimally
chosen value(s) of the policy instrument(s) in each regime. Welfare is defined as the
conditional expectation of the discounted sum of household’s lifetime utility.
In our context, when choosing its distorting policy instruments, the
government tries to do the following:18 First, to correct for pollution externalities
(Pigouvian policy). Second, to create revenues that can be used to finance public
abatement (and, in richer contexts, to reduce other taxes). Third, to minimize the
distorting effects of policy intervention on the economy. For instance, taxes and
permits increase the cost of production, while emission/output rules reduce the
number of private choices. Fourth, since there is also uncertainty, the government
aims to reduce volatility. Optimal policy will reflect all four tasks. Note that the first
three tasks have to do with the so-called allocative role of the government.
We start by explaining how we work and by presenting parameter values used
in the numerical solutions.

How we work
We focus on flat policy instruments, namely, policy instruments that remain constant
over time (see e.g. Stokey and Rebelo, 1995, and Ortigueira, 1998). We then compute
welfare for a wide range of values of the flat policy instrument(s) in each regime and
then find the welfare maximizing-value of these policy instrument(s) and the
associated maximum welfare under that regime. In all cases reported, there is a
tradeoff in policy and hence a well-defined welfare-maximizing value of the policy
instrument(s).
To this end, we approximate both the DCE solution and the welfare criterion
to second-order around the associated non-stochastic steady state solution in each
policy regime. Note that, in contrast to solutions that impose certainty equivalence,
the solution to second-order approximation allows us to take into account the

18

For a discussion of various impacts of environmental policy, see Bovenberg and Goulder (2002, p.
1514).
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uncertainty that the agents face when making decisions.19 In particular, the secondorder approximation of welfare follows from equations (1a-b) and is given by:20
∞

E0 ∑ β t u (ct , Qt ) ≅
t =0

∞
u (c , Q )
+ E0 ∑ β t {a1cˆt + a2Qˆ t + a3 (cˆt ) 2 + a4 (Qˆ t ) 2 + a5 (cˆt Qˆ t )}
1− β
t =0

(14)

where, for any variable xt , xˆt ≡ ln( xt / x) ≅ ( xt − x) / x and x is the long-run value of
xt . Also, a1 ≡ µ (1 − σ )u (c, Q) , a2 ≡ (1 − µ )(1 − σ )u (c, Q) , a3 ≡
a4 ≡

µ 2 (1 − σ ) 2 u (c, Q)
2

,

(1 − µ ) 2 (1 − σ ) 2 u (c, Q)
, a5 ≡ µ (1 − µ )(1 − σ ) 2 u (c, Q) . The values of cˆt and Qˆ t
2

follow from the second-order approximation of the DCE as said above.
Finally, we need a measure of comparison of welfare gains/losses associated
with alternative regimes. This measure, denoted as ζ ij in what follows, is obtained by
computing the percentage compensation in private consumption that the private agent
would require in each time-period under regime j so as to be equally well off
between regimes i and j ≠ i (see the notes in Table 3 for the value of ζ ij ). This is a
popular measure in dynamic general equilibrium models (see e.g. Lucas, 1990, and
Cooley and Hansen, 1992).

Parameter values
We keep all parameter values the same across different regimes, so that the evaluation
of different environmental policies is not blurred by differences in parameter values.
Where the parameters are important for the results obtained, we will explicitly discuss
their effects and robustness. As said above, the policy instruments in each regime are
chosen to maximize welfare. The parameter values used are reported in Table 1.

Table 1 around here
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In addition, as shown by Rotemberg and Woodford (1997), Woodford (2003, chapter 6), SchmittGrohé and Uribe (2004) and many others, a second-order approximation to the model’s equilibrium
solution, as well as to welfare, helps us to avoid potential spurious welfare rankings of various regimes
that may arise when the model’s equilibrium solution is approximate to first-order only. Actually, Pizer
(1999) uses a first-order approximation to the equilibrium solution. To solve and simulate the secondorder approximation of the DCE solution under each policy regime, we use the Matlab functions made
available by Schmitt-Grohé and Uribe (2004).
20
To evaluate the expectation in the welfare calculations, we use numerical integration with 1000
simulations. We use 300 years in our evaluation of life-time welfare, as, because of discounting, there
is practically a zero weight attached to later outcomes.
13

The values of the economic parameters are as in most dynamic stochastic
general equilibrium calibration and estimation studies. Thus, the baseline values used
for the rate of time preference ( β ), the depreciation rate of capital ( δ k ), the capital
share in output ( α ), the intertemporal elasticity of substitution ( 1 / σ ) and the
constant term ( A ) and persistence parameter ( ρ a ) of the TFP process are rather
standard. As discussed earlier, we will experiment with different values of the
standard deviation of the TFP process ( σ a ).
There is, of course, much less empirical evidence and consensus on the value
of environmental parameters. For reasons discussed below, the most important one is

µ , namely, the weight given to private consumption vis-à-vis environmental quality
in the utility function, (1b). For our baseline results, we set µ at a relatively low level
(0.6) and discuss other results later on. Regarding the parameters characterizing the
exogenous process for environmental technology, we choose a high persistence
parameter ( ρφ = ρα = 0.933 ) and normalize its constant term, φ , at 0.01. Finally, we
set v , namely, how public abatement spending is translated into actual units of
environmental quality, at 0.5 (this parameter value helps us to match the units in the
environmental quality equation (3) and hence obtain a well-defined trade-off in
second-best policy). Since v is fixed across regimes with public abatement spending
(pollution taxes and pollution permits), its value does not matter for the comparison of
these two regimes. Nevertheless, it does matter when we compare these two regimes
to the command-and-control regime which does not allow for public abatement
spending (we discuss this issue below).
We are now ready to present numerical results. Before investigating the
relatively general case in which exogenous shocks cause fluctuations around steady
state, we study the deterministic steady state. This will help us to understand the
working of the model and how results change when uncertainty is introduced. We will
report results for some key variables as well as for the associated welfare.

Evaluation of regimes at steady state (certainty)
We first present results when the economy remains at its non-stochastic steady state.
Results for consumption, c , environmental quality, Q , output, y , as well as the
resulting welfare, defined as u * (c, Q) , under each regime are reported in Table 2 (this
is when the policy instrument is set at its welfare-maximizing value in each case).
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Table 2 around here

The second column in Table 2 gives results for the model in section 3, where
the government sets pollution taxes and uses the collected tax revenues to finance its
abatement policy. The third column gives results for the model in section 4, where the
government sets the quantity of pollution permits and finances its abatement policy
from the sale of those permits. In the fourth column, we give results for the model in
section 5, where the government sets pollution targets; in contrast to all previous
regimes, now there are no revenues and hence no abatement policy on the side of the
government. The sixth, last column reports the social planner solution in section 6;
this always gives the best outcome as expected (from now on, we do not study this
first-best case).
Taxes and permits (see second and third column in Table 2) are equivalent
(any second decimal point differences are due to numerical solution approximations
of the welfare-maximizing value of policy instruments). Both regimes give the same
social welfare in the long run and, in turn, the same welfare loss over the benchmark
first-best solution in the last column. However, pure rules (see fourth column) differ
from the other two second-best regimes. In particular, according to our baseline
parameter values, Kyoto-like rules appear to be welfare inferior to both taxes and
permits. In general, however, the welfare comparison is ambiguous depending on
parameter values. Specifically, our comparative static exercises imply that rules are
welfare inferior to taxes and permits in the long run, when ν ≥ 0 (which measures
how public spending on cleanup is translated into actual units of nature) is relatively
high and/or 0 < µ < 1 (which is the weight given to private consumption vis-à-vis
environmental quality) is relatively low. Intuitively, when public abatement policy,
being financed by tax or permit revenues, is effective in preserving the environment
(i.e. when ν is high) and/or we value little the distorting effects of taxes and permits
on private consumption (i.e. when µ is low), numerical rules are inferior to taxes and
permits. As ν gets smaller and/or µ gets larger, this inferiority diminishes. For very
low values of ν and/or very high values of µ , numerical rules turn out to be welfare
superior to taxes and permits.
This finding (namely, that optimally chosen competing instruments are found
to be nonequivalent in a certainty world) seems, at first sight, to violate Weitzman’s
(1974) result. However, it arises simply because Kyoto-like rules are not really
comparable to the other two regimes: in our setting, such rules do not generate public
15

revenues and hence do not allow for public abatement policy (or, more generally,
given tax bases, they allow for less public abatement policy than revenue-raising
regimes like taxes and permits). To make the comparison of different regimes
meaningful when we introduce uncertainty below, we need to make them equivalent
in a deterministic world. We therefore add public abatement policy financed by, say,
pollution taxes into the regime of pure Kyoto-like rules (see Appendix C for details).21
Specifically, we choose the steady state tax rate so as to reproduce the same steady
state solution as in the other two second-best regimes. Results are reported in the fifth,
second from the end, column in Table 2. In what follows, we will work with this
mixed regime – Kyoto-like rules combined (in the long run) with public abatement
financed by pollution taxes – and compare this to taxes and permits. All three regimes
are now equivalent in a deterministic setup (see also Table 3 below). This respects
Weitzman’s (1974) logic.
Therefore, public abatement activities constitute an important part of
environmental policy. Policies that yield no revenues, and hence do not allow for
public abatement, suffer a disadvantage relative to revenue-yielding policies. This of
course presupposes that any revenues from pollution taxes or permits are earmarked
for the financing of public abatement. As said above, the crucial role of public finance
has already been pointed out, although the emphasis has been on the revenue
recycling effect (see e.g. Bovenberg and Goulder, 2002, section 4.1). In our model,
without being combined with public abatement policy, pure Kyoto-like rules are not
really comparable to taxes and permits and, at least for a wide range of parameter
values used, such rules are inferior to taxes and permits, especially in terms of
environmental quality (see Table 2).

Evaluation of regimes under uncertainty
We now allow for uncertainty coming from the exogenous stochastic autoregressive
processes for production and pollution technologies in equations (6a-b). We suppose
that the economy is initially at its steady state studied above and, starting from t = 0 ,
there are shocks to At and φt .
Working as explained above and using the same baseline parameter values, we
compute discounted expected lifetime utility under each regime for a varying degree
of uncertainty as summarized by the standard deviations of production and pollution
21

This is allowed at steady state only so as to make all policy regimes equivalent in the deterministic
fixed point around which the different regimes/solutions fluctuate due to uncertainty. This allows us to
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technologies, σ a and σ φ . Results are reported in Table 3. For expositional reasons,
we study: (i) the deterministic case ( σ a = σ φ = 0 ); (ii) when there is only one source
of uncertainty ( σ α = 0.01 and σ φ = 0 ; σ α = 0 and σ φ = 0.01 ); (iii) a case of relatively
low uncertainty in both stochastic variables ( σ α = σ φ = 0.01 ); (iv) two scenarios
representing high levels of uncertainty in one of the two stochastic variables
( σ α = 0.01 and σ φ = 0.05 ; and σ α = 0.05 , σ φ = 0.01 ); (v) a scenario with relatively
high uncertainty in both stochastic variables ( σ a = σ φ = 0.05 ).

Table 3 around here
Table 3 confirms that, in a deterministic environment ( σ a = σ φ = 0 ), all
regimes imply the same welfare (see also Table 2 above). In other words, to the extent
that policy instruments are chosen optimally, and there is no uncertainty, the choice of
the policy instrument is irrelevant to welfare. Of course, as said, this applies to
regimes that are comparable (in our case, all of them allow for abatement policy).
By contrast, in a stochastic setup where σ a , σ φ > 0 , the choice of the policy
instrument does matter. Table 3 reports the welfare gain/loss (i.e. the value of ζ ij )
when we choose regime i instead of regime j ≠ i . A positive value of ζ ij means that
i is superior to j . For instance, if ζ ij = x > 0 , an agent, who happens to be in j , will
require a permanent consumption subsidy of x% to become indifferent between j
and i .
Welfare differences between taxes and permits are summarized by the values
of ζ TP reported in the second column from the end in Table 3. Taxes are always
superior to permits. For instance, when σ α = σ φ = 0.01 , a welfare gain of 6.41%, in
terms of private consumption, can be obtained if we use taxes instead of permits. The
superiority of taxes further increases with the degree of uncertainty. Thus, taxes are
superior in all cases even when environmental uncertainty is higher than economic
uncertainty. Also notice that these are substantial welfare gains relatively to those
found, for instance, in the literature on tax policy regimes (see e.g. Lucas, 1990, who
compares Ramsey to suboptimal tax structures).

get a meaningful evaluation of differences across regimes/solutions that are due to uncertainty only.
17

We next compare taxes to mixed rules. Welfare differences are summarized by
the values of ζ TN reported in the last column of Table 3. When economic uncertainty
( σ a ) is higher than, or equal to, environmental uncertainty ( σ φ ), taxes are superior to
rules. For low levels of uncertainty, such welfare differences are small, but the higher

σ a and σ φ become, the higher the superiority of taxes over rules, as long as σ a ≥ σ φ .
For instance, when σ a = 0.05 and σ φ = 0.01 , the gain from taxes is 6.08%, while
when σ a = σ φ = 0.05 , the gain is 4.06%. On the other hand, when environmental
uncertainty is higher than economic uncertainty, rules are better than taxes. For
instance, when σ a = 0.01 and σ φ = 0.05 , the gain from rules is 3.85%.
Therefore, as shown first by Weitzman (1974), ex ante uncertainty affects the
choice of the policy instrument. Taxes and mixed rules are substantially better than
permits; this holds over the whole range of parameter values, the sources of
uncertainty, and the size of variances of shocks, that we have experimented with.
Welfare benefits from the use of taxes, instead of permits, can be high for high levels
of uncertainty irrespectively of where this uncertainty comes from. On the other hand,
the comparison between taxes and mixed rules depends on the relative variances of
different categories of shocks. Taxes are better than rules when economic uncertainty
is no smaller than environmental uncertainty. But, when environmental uncertainty is
the dominant source of uncertainty, rules outperform taxes. Details and intuition are
discussed in the next subsection that presents means, variances and covariances of the
arguments in the welfare criterion.
Before we move on, we report that we also get relatively reasonable values for
the welfare-maximizing policy instrument in each regime. Results are included in
Table 3. For instance, when σ α = σ φ = 0.01 , the pollution tax rate modeled in (5) is
found to be 0.197, the quantity of permits in (9) is 0.0136 and the persistence
parameter under rules in (11) is 0.94. Note that, in general, the values of the policy
instruments are not increasing in the degree of uncertainty; this is because policy
intervention is costly and, as explained above, stabilization is only one of the goals of
policy.

Looking behind welfare under uncertainty
To understand what is driving the above welfare differences under uncertainty, we
study the first and second moments of the two arguments in the utility function,
18

namely, private consumption, c t , and the stock of environmental quality, Qt . Note
from the second-order approximation to the welfare function (14) that, in addition to
the steady state values of c t and Qt and their deviations from these steady state
values, what also matters for welfare is the squared deviations and cross- products of

c t and Qt from their steady state values. Given that the steady state solution values
are the same across all policy regimes studied, any welfare differences in the
stochastic setup are driven by differences in expected means, variances and
covariances of the series for c t and Qt (see Appendix E for details).
Tables 4a-c present the expected means, standard deviations and correlations
of c t and Qt for all policy regimes under various levels of uncertainty. Welfare
increases when the means of c t and Qt increase, their variances decrease and their
correlation decreases.

Table 4 around here

As can be seen in Table 4, different policy regimes imply different trade-offs
in outcomes whose net, total effect on welfare was summarized in Table 3 above.
Some regimes are good for consumption, while others are good for environmental
quality.
In particular, taxes (see Table 4a) and mixed rules (see Table 4c) imply higher
expected consumption than permits (see Table 4b), while permits are superior in terms
of expected environmental quality, especially when uncertainty is high. On the other
hand, variances are higher under permits than under taxes and rules; this applies
especially to the variance of environmental quality which is substantially higher under
permits. The higher volatility in environmental quality, in combination with lower
expected consumption, makes permits the worst regime in all cases studied. On the
other hand, a weak point of taxes is the high positive correlation between
consumption and environmental quality (in most cases, correlation is negative both
under permits and rules, and this is good for welfare).
Comparison of the two better regimes, taxes and mixed rules in Tables 4a and
4c respectively, implies that the main advantages of mixed rules are that they fix
environmental quality at a higher expected level, practically eliminating all
environmental variation, and also allow consumption deviations to move countercyclically or a-cyclically with deviations in environmental quality. For this to be
19

achieved, however, all the adjustment from an exogenously caused stochasticity has to
be absorbed by consumption. In particular, the expected level of consumption is lower
(or equal) and its variance is higher under rules than under taxes. When economic
uncertainty is no smaller than environmental uncertainty, as was summarized in Table
3, it is the adverse consumption effects (level and variance) that dominate so that
welfare is higher under taxes.22 But when environmental uncertainty is the dominant
source of uncertainty, the benefits from lower variation in environmental quality and
the inverse correlation between environment and consumption become important
enough to make rules superior to taxes (this happens, for instance, when σ a = 0.01
and σ φ = 0.05 in Tables 3 and 4).
Therefore, in an uncertain world, permits are the worst regime. They can fix
expected environmental quality at a relatively high level, but only at the cost of
exposing this expected quality to exogenous shocks and damaging expected private
consumption. The higher the extrinsic uncertainty, the higher is the disadvantage of
permits relative to taxes and mixed rules. This holds for a wide range of parameters,
shocks and relative variances of different categories of shocks. We believe auctioned
permits are inferior because (as pointed out by Bovenberg and Goulder, 2002, p.
1520) they are a hybrid of price- and quantity-based regulations. They are price-based
because market forces determine the price of permits. They are quantity-based
because the government sets the total amount of permits and hence emissions. The
problem is that, as a price-based instrument, they are less closely connected to the
heart of the problem (pollution externality) than pollution taxes. At the same time, as
a quantity-based instrument, they provide less controllability than numerical emission
rules that command agents to produce or emit a certain level. This belief is
strengthened by the result that when the government uses the price of pollution
permits, instead of their quantity, as a policy instrument (see Appendix B), permits
and taxes become fully equivalent on and off steady state (results are available upon
request).
The comparison between taxes and mixed rules is open depending on the
relative variances of different categories of shocks affecting the economy. When
uncertainty arises from economic factors, taxes are preferable. But when
environmental uncertainty becomes the dominant source, mixed rules are preferable.
22

This is despite a relatively low value for the weight given to consumption versus environmental
quality in the utility function in our calibration (see Table 1). Hence, if anything, our calibration does
not do any favours to the tax regime.
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We believe this is consistent with Weitzman’s (1974, pp. 485-6) intuition. As
Weitzman has shown in a first-best setting, quantities are better than prices, as
planning instruments, when the benefit function is more curved and/or the cost
function is more linear. In our model, this seems to be the case under Kyoto-like rules
in the presence of high uncertainty over the environment. In particular, better
environmental quality gives a direct welfare benefit to private agents; when
environmental uncertainty is relatively high, the marginal benefits of an extra unit of
natural resources change rapidly and thus the curvature of the benefit function is high.
By contrast, when environmental uncertainty is relatively low, the benefit function is
closer to being linear. In such a situation, prices are a better instrument; the marginal
benefit is almost linear in some range so that it is better to name a price and let private
agents find the optimal quantities themselves. In this case, policies like rules, that
reduce the number of choices that private agents can make, hurt the macro economy.

8.

Conclusions

We evaluated pollution taxes, auctioned pollution permits and Kyoto-like emission
rules in a unified micro-founded dynamic stochastic general equilibrium model. We
focused on the role of uncertainty and showed the importance of public finance and
abatement. The latter is an important ingredient of any environmental policy. Permits,
despite their popularity among politicians, are the worst regime. When we compare
taxes and rules, taxes are better when economic volatility is the main source of
uncertainty. On the other hand, when environmental shocks are the dominant source
of extrinsic uncertainty, numerical rules perform better.
We are aware that many issues have not been analyzed. For instance, it would
be interesting to search for the best international agreement in our setup and, in
particular, the design of international carbon market and international public funding.
It is also important to evaluate environmental policies under structural uncertainty
resulting from model misspecification of the environmental/pollution process. We
leave these issues for future research.
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Table 1: Baseline parameter values

Parameter

Description
capital share in production
capital depreciation rate
curvature parameter in utility function
Time discount factor
Consumption weight in utility function
environmental quality without pollution
persistence of environmental quality
long-run total factor productivity
persistence of total factor productivity
long-run pollution technology
Persistence of pollution technology
effectiveness of abatement policy

α
δk
σ
β
µ
Q

δq
A
ρa
φ
ρφ
ν

Value
0.33
0.1
2
0.97
0.6
1
0.9
1
0.933
0.01
0.933
0.5

Table 2: Different policy regimes at their deterministic steady state

c

Taxes
financing
abatement
0.85

Q

2.26

2.24

0.83

2.26

2.27

y

1.41

1.41

1.71

1.41

1.56

u * (c , Q )

-26.56

-26.60

-32.18

-26.56

-25.75

Variable

Notes: (i) u * (c, Q) ≡

Permits Numerical
financing
rules
abatement
0.85
1.20

Numerical
rules with
abatement
0.85

Social planner

0.89

(1 − β t )
u (c, Q) , where t = 300 and β 300 = 0 . We work with discounted welfare
(1 − β )

to make it comparable to the results in Tables 3-4, where simulations are run for 300 years. This is also
consistent with equation (14). (ii) The fourth regime (numerical rules with abatement) includes taxfinanced abatement policy at steady state so that it is equivalent to the other regimes in a deterministic
setup.
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Table 3: Expected lifetime utility (ELU) under different policy regimes for various levels of uncertainty

σa

σφ

ELU
maximizing
tax rate ( τ )

ELU
under taxes

ELU
maximizing
permit ( P )

ELU
under
permits

ELU
maximizing
numerical
rule ( γ )

ELU
under
numerical
rules with
abatement

ζ TP

ζ TN

(%)

(%)

0

0

0.198

- 26.56

0.0141

- 26.60

-

- 26.56

0.25

0

0

0.01

0.198

- 26.56

0.0139

- 26.96

0.93

- 26.53

2.49

- 0.19

0.01

0

0.197

- 26.77

0.0137

- 27.57

0.95

- 26.81

4.90

0.25

0.01

0.01

0.197

- 26.77

0.0136

- 27.82

0.94

- 26.79

6.41

0.12

0.01

0.05

0.196

- 26.73

0.0126

- 30.63

0.92

- 26.12

22.70

- 3.85

0.05

0.01

0.196

- 32.03

0.0117

- 35.79

0.95

- 33.22

18.50

6.08

0.05

0.05

0.195

- 32.00

0.0115

- 36.34

0.94

- 32.79

21.20

4.06

Notes: (i) The third regime (numerical rules with abatement) includes tax-financed abatement policy at steady state so that it is equivalent to the other regimes in a deterministic
setup. (ii) The value of ζ ij is given by ζ ij ≅

1
log(Vt i / Vt j ) , where Vt i and Vt j denote the discounted sums of second-order approximations to welfare in equation (14) and
µ (1 − σ )

averaged over 1000 simulations.
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Table 4a: First and second moments for ct and Qt under taxes

σa

σφ

E (c t )

E (Qt )

σ (c t )

σ (Qt )

ρ (ct , Qt )

0
0.01
0.01
0.01
0.05
0.05

0.01
0
0.01
0.05
0.01
0.05

0.85
0.85
0.85
0.85
0.88
0.88

2.26
2.25
2.25
2.25
2.12
2.11

0.00
0.03
0.03
0.03
0.14
0.14

0.003
0.04
0.04
0.04
0.16
0.16

- 0.42
0.86
0.85
0.80
0.86
0.85

Table 4b: First and second moments for ct and Qt under permits

σa

σφ

E (c t )

E (Qt )

σ (c t )

σ (Qt )

ρ (ct , Qt )

0
0.01
0.01
0.01
0.05
0.05

0.01
0
0.01
0.05
0.01
0.05

0.82
0.78
0.77
0.65
0.53
0.52

2.38
2.50
2.55
2.98
3.22
3.28

0.04
0.03
0.05
0.14
0.11
0.15

0.10
0.20
0.21
0.31
0.55
0.55

- 0.97
- 0.93
- 0.86
- 0.86
- 0.89
- 0.71

Table 4c: First and second moments for ct and Qt under numerical rules

σa

σφ

E (c t )

E (Qt )

σ (c t )

σ (Qt )

ρ (ct , Qt )

0
0.01
0.01
0.01
0.05
0.05

0.01
0
0.01
0.05
0.01
0.05

0.85
0.85
0.85
0.85
0.84
0.85

2.26
2.26
2.26
2.26
2.26
2.26

0.00
0.04
0.04
0.04
0.18
0.18

0.00
0.00
0.00
0.01
0.02
0.02

0.47
-0.72
-0.51
0.03
-0.71
-0.52
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APPENDICES

Appendix A: DCE with pollution taxes

(i) The first-order conditions of the individual’s problem include the budget constraint
in (2) and the Euler equation (7b). Then, using (4)-(5) into (3), we get (7c). All this
gives (7a-c) which is a three-equation system in {ct , kt +1 , Qt +1}t∞=0 in terms of {τ t }t∞=0 .
The long-run DCE follows if we simply drop time subscripts.

(ii) A policy of Pigouvian taxes can follow as a special case. Suppose that any
revenues from pollution taxes are returned to the individual in the form of lump-sum
transfers, St . The budget constraint of the individual is:
kt +1 − (1 − δ k )kt + ct = (1 − τ t ) At ktα + St

(A.1)

while the budget constraint of the government is:
St = τ t At ktα

(A.2)

and therefore the DCE is:
kt +1 − (1 − δ k )kt + ct = At ktα

(A.3a)

⎡ ∂u
⎤
∂ut
= β Et ⎢ t +1 [1 − δ k + (1 − τ t +1 )α At +1ktα+1−1 ]⎥
∂ct
⎣ ∂ct +1
⎦

(A.3b)

Qt +1 = (1 − δ q )Q + δ q Qt − φt At ktα

(A.3c)

Equations (A.3a)-(A.3c) constitute a new three-equation system in {ct , kt +1 , Qt +1}t∞=0 in
terms of {τ t }t∞=0 . The long-run DCE follows from (A.3a)-(A.3c) if we simply drop
time subscripts.

Appendix B: DCE with pollution permits

(i) The first-order conditions of the individual’s problem include the budget constraint
in (8) and the Euler equation (10b). Then, using (9) for gt and pt = φt At ktα = Pt −1 into
(3), we get (10c), while (10d) has been explained in the text. All this gives (10a-d)
which is a four-equation system in {ct , kt +1 , Qt +1 , qt }t∞=0 in terms of {Pt }t∞=0 . The long-run
follows if we simply drop time subscripts.
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(ii) A policy of “Pigouvian permits” can follow as a special case. Suppose that any
revenues from the same of pollution permits are returned to the individual in the form
of lump-sum transfers, St . That is, the budget constraint of the agent is:
kt +1 − (1 − δ k )kt + ct + qt pt +1 = At ktα + St

(B.1)

while the budget constraint of the government is:
St = qt pt +1 = qt Pt

(B.2)

and therefore the DCE is:
kt +1 − (1 − δ k )kt + ct =

Pt −1

(B.3a)

φt

∂ut
∂u
(1 + α qt Et [φt +1 At +1ktα+1−1 ]) = β Et [ t +1 (1 − δ k + α At +1ktα+1−1 )]
∂ct
∂ct +1

(B.3b)

Qt +1 = (1 − δ q )Q + δ q Qt − Pt −1

(B.3c)

Pt = Et pt +1 = Et [φt +1 At +1ktα+1 ]

(B.3d)

Equations (B.3a)-(B.3d) constitute a new four-equation system in {ct , kt +1 , Qt +1 , qt }t∞=0
in terms of {Pt }t∞=0 . The long-run DCE follows from (B.3a)-(B.3d) if we simply drop
time subscripts.

(iii) When the instrument is the price of permits, rather than their quantity, the DCE
changes from (i) above to:
kt +1 − (1 − δ k )kt + ct + qtφt +1 At +1ktα+1 = At ktα

(B.4a)

∂ut
∂u
(1 + α qt Et [φt +1 At +1ktα+1−1 ]) = β Et [ t +1 (1 − δ k + α At +1ktα+1−1 )]
∂ct
∂ct +1

(B.4b)

Qt +1 = (1 − δ q )Q + δ q Qt − φt At ktα +ν qtφt +1 At +1ktα+1

(B.4c)

Equations (B.4a)-(B.4c) constitute a three-equation system in {ct , kt +1 , Qt +1}t∞=0 in terms
of {qt }t∞=0 . The long-run DCE follows from (B.4a)-(B.4c) if we simply drop time
subscripts.

Appendix C: DCE with pollution rules

(i) Using (4) into (11), we get (12b) which gives the motion of private capital. All this
gives (12-c) as DCE which constitute a three-equation system in {ct , kt +1 , Qt +1}t∞=0 in
terms of the long-run target pollution, p , and the path of {γ t }t∞=0 . In the long run,
equations (12a-c) are reduced to two equations:
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1/ α

⎛ p ⎞
δ ⎜ ⎟
⎝φA⎠
k

Q=Q−

+c =

p

(C.1a)

φ

p
(1 − δ q )

(C.1b)

which can be solved for c and Q in terms of p (recall that, in the long-run, p is a
policy choice and that, in all periods, pt = φt At ktα ).

(ii) We now add public abatement financed by lump-sum taxes, St . That is, the
budget constraint of the individual is:
kt +1 − (1 − δ k )kt + ct = At ktα − St

(C.2)

while the budget constraint of the government is:
Gt = St

(C.3)

and therefore the DCE is:
kt +1 − (1 − δ k )kt + ct + Gt = At ktα
⎛ (1 − γ t ) p γ tφt At ktα
+
kt +1 = ⎜⎜
A
φ
At +1φt +1
⎝ t +1 t +1

(C.4a)

1/ α

⎞
⎟⎟
⎠

(C.4b)

Qt +1 = (1 − δ q )Q + δ q Qt − φt At ktα +ν Gt

(C.4c)

In the long run, equations (C.4a)-(C.4c) are reduced to two equations:
1/ α

⎛ p ⎞
δ ⎜ ⎟
⎝φA⎠
k

Q=Q−

+c+G =

p

(C.5a)

φ

p −ν G
(1 − δ q )

(C.5b)

which can be solved for c and Q in terms of p and G .
(iii) We now add public abatement financed by output/pollution taxes, τ t . That is, the
budget constraint of the individual is:
kt +1 − (1 − δ k )kt + ct = (1 − τ t ) At ktα

(C.6)

while the budget constraint of the government is:
Gt = τ t At ktα

(C.7)

and therefore the DCE is:
kt +1 − (1 − δ k )kt + ct = (1 − τ t ) At ktα

(C.8a)
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⎛ (1 − γ t ) p γ tφt At ktα
+
kt +1 = ⎜⎜
At +1φt +1
⎝ At +1φt +1

1/ α

⎞
⎟⎟
⎠

(C.8b)

Qt +1 = (1 − δ q )Q + δ q Qt − (φt −ντ t ) At ktα

(C.8c)

In the long run, equations (C.8a)-(C.8c) are reduced to two equations:
1/ α

⎛ p ⎞
δ ⎜ ⎟
⎝φA⎠

+ c = (1 − τ )

k

p

(C.9a)

φ

⎛ ντ ⎞
⎜1 − φ ⎟ p
⎠
Q=Q−⎝
(1 − δ q )

(C.9b)

which can be solved for c and Q in terms of p and τ .

Appendix D: Social planner solution

The planner chooses {ct , gt , kt +1 , Qt +1}t∞=0 to maximize (1a-b) subject to resource
constraints:
kt +1 − (1 − δ k )kt + ct + gt = At ktα

(D.1a)

Qt +1 = (1 − δ q )Q + δ q Qt − φt At ktα +ν gt

(D.1b)

The optimality conditions include (D.1a), (D.1b) and:
∂ut
∂u
= β t +1 (1 − δ k + α At +1ktα+1−1 ) − βξt +1φt +1α At +1ktα+−11
∂ct
∂ct +1

ξt = β

(D.2a)

∂ut +1
+ βδ qξt +1
∂Qt +1

(D.2b)

∂ut
= νξt
∂ct
where

(D.2c)

ξ >0

is

a

dynamic

multiplier

associated

with

(D.1b),

∂ut +1
∂ut
= µ (ct ) µ (1−σ ) −1 (Qt )(1− µ )(1−σ ) , and
= (1 − µ )(ct +1 ) µ (1−σ ) (Qt +1 )(1− µ )(1−σ ) −1 . (D.1a)∂Qt +1
∂ct

(D.1b) and (D.2a)-(D.2c) constitute a five-equation system in {ct , kt +1 , Qt +1 , g t , ξt }t = 0 .
∞

The long-run DCE follows if we simply drop time subscripts.

Appendix E: Statistical moments

To see that examining the means, variances and covariances of the variables in levels
is equivalent to examining the same moments for the variables defined as deviations
from their (common) steady state, note the following. For the random variables x and
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y , define xˆ = x − x and yˆ = y − y , where x (resp. y ) is the average value of x
(resp. y ). Then, the relationship between the mean of x and the mean of x̂ is given
by:
E ( xˆ ) = E ( x) − x

(E.1)

(E.1) implies that, when x is the same across regimes, any differences in the mean of
x are due to differences in the mean of x̂ . The relationship between x̂ 2 and the

variance of x̂ is given by:
var( xˆ ) = E[ xˆ − E ( xˆ )]2 = E ( xˆ ) 2 − [ E ( xˆ )]2

(E.2)

Hence, given the mean of x̂ , any differences in the average value of x̂ 2 are captured
by differences in the variance of x̂ . Further, the variances of x and x̂ are the same,
i.e. var( xˆ ) = E[ xˆ − E ( xˆ )]2 = E[( x − x ) − ( E ( x) − x )]2 = var( x) . Finally, given their
means, any differences in the cross-products of x̂ and ŷ are captured by their
covariance, i.e. cov( xˆ, yˆ ) = E[ xˆyˆ ] − E ( xˆ ) E ( yˆ ) , where:
cov(xˆ, yˆ ) = E{[ xˆ − E( xˆ)][ yˆ − E( yˆ )]} = E{[( x − x ) − ( E( x) − x )][( y − y ) − ( E( y) − y )]} = cov(x, y) (E.3)

29

References

Baldursson F. M., N.-H. M. von der Fehr (2008): Prices vs. quantities: public finance
and the choice of regulatory instruments, European Economic Review, 52, 1242-1255.
Bovenberg A. L. and L. H. Goulder (2002): Environmental taxation and regulation, in
Handbook of Public Economics, volume 3, edited by A. Auerbach and M. Feldstein,
North-Holland, Amsterdam.
Congressional Budget Office (2005): Uncertainty in analyzing climate change: policy
implications, The Congress of the United States, Congressional Budget Office Paper,
January, Washington.
Cooley T. F. and G. D. Hansen (1992): Tax distortions in a neoclassical monetary
economy, Journal of Economic Theory, 58, 290-316.
Economides G. and A. Philippopoulos (2008): Growth enhancing policy is the means
to sustain the environment, Review of Economic Dynamics, 11, 207-219.
European Commission (2009): Stepping up international climate finance: a European
blueprint for the Copenhagen deal, COM(2009) 475/3, Commission of the European
Communities, Brussels.
Goulder L. H., I. W. H. Parry, R. C. Williams III and D. Burtraw (1999): The costeffectiveness of alternative instruments for environmental protection in a second-best
setting, Journal of Public Economics, 72, 329-360.
Haibara T. (2009): Environmental funds, public abatement and welfare, Environmental
and Resource Economics, 44, 167-177.
Hatzipanayotou P., S. Lahiri and M. Michael (2003): Environmental policy reform in
a small open economy with public and private abatement, in Environmental Policy in
an International Perspective, edited by L. Marsiliani, M. Rauscher and C. Withagen,
Kluwer, London.
Jouvet P. A., P. Michel and G. Rotillon (2005): Optimal growth with pollution: how to
use pollution permits, Journal of Economic Dynamics and Control, 29, 1597-1609.
Lucas R. E. (1990): Supply-side economics: an analytical review, Oxford Economic
Papers, 42-293-316.
Malley J., A. Philippopoulos and U. Woitek (2009): To react or not? Technology
shocks, fiscal policy and welfare in the EU-3, European Economic Review, 53, 689714.
Ortigueira S. (1998): Fiscal policy in an endogenous growth model with human
capital accumulation, Journal of Monetary Economics, 42, 323-355.
Pizer W. (1999): The optimal choice of climate change policy in the presence of
uncertainty, Resource and Energy Economics, 21, 255-287.

30

Rotemberg J. and M. Woodford (1997): An optimization-based econometric
framework for the evaluation of monetary policy, in NBER Macroeconomics Annual,
edited by O. Blanchard and S. Fischer, MIT Press.
Schmitt-Grohé S. and M. Uribe (2004): Solving dynamic general equilibrium models
using a second-order approximation to the policy function, Journal of Economic
Dynamics and Control, 28, 755-775.
Schmitt-Grohé S. and M. Uribe (2007): Optimal simple and implementable monetary
and fiscal rules, Journal of Monetary Economics, 54, 1702-1725.
Schöb R. (1996): Choosing the right instrument: the role of public revenues for
environmental policy, Environmental and Resource Economics, 8, 399-416.
Stokey N. (1998): Are there limits to growth? International Economic Review, 39, 1-31.
Stokey N. and S. Rebelo (1995): Growth effects of flat-rate taxes, Journal of Political
Economy, 103, 519-550.
Weitzman M. (1974): Prices vs. quantities, Review of Economic Studies, 41, 477-491.
Woodford M. (2003): Interest and Prices: Foundations of a Theory of Monetary Policy,
Princeton University Press, Princeton.
Xepapadeas A. (2004): Economic growth and the environment, in Handbook of
Environmental Economics volume 3, edited by K. G. Mäler and J. R. Vincent, NorthHolland, Amsterdam.

31

CESifo Working Paper Series
for full list see www.cesifo-group.org/wp
(address: Poschingerstr. 5, 81679 Munich, Germany, office@cesifo.de)
___________________________________________________________________________
T

T

2917 Thushyanthan Baskaran and Zohal Hessami, Globalization, Redistribution, and the
Composition of Public Education Expenditures, January 2010
2918 Angel de la Fuente, Testing, not Modelling, the Impact of Cohesion Support: A
Theoretical Framework and some Preliminary Results for the Spanish Regions, January
2010
2919 Bruno S. Frey and Paolo Pamini, World Heritage: Where Are We? An Empirical
Analysis, January 2010
2920 Susanne Ek and Bertil Holmlund, Family Job Search, Wage Bargaining, and Optimal
Unemployment Insurance, January 2010
2921 Mariagiovanna Baccara, Allan Collard-Wexler, Leonardo Felli and Leeat Yariv, Gender
and Racial Biases: Evidence from Child Adoption, January 2010
2922 Kurt R. Brekke, Roberto Cellini, Luigi Siciliani and Odd Rune Straume, Competition
and Quality in Regulated Markets with Sluggish Demand, January 2010
2923 Stefan Bauernschuster, Oliver Falck and Niels Große, Can Competition Spoil
Reciprocity? – A Laboratory Experiment, January 2010
2924 Jerome L. Stein, A Critique of the Literature on the US Financial Debt Crisis, January
2010
2925 Erkki Koskela and Jan König, Profit Sharing, Wage Formation and Flexible
Outsourcing under Labor Market Imperfection, January 2010
2926 Gabriella Legrenzi and Costas Milas, Spend-and-Tax Adjustments and the
Sustainability of the Government’s Intertemporal Budget Constraint, January 2010
2927 Piero Gottardi, Jean Marc Tallon and Paolo Ghirardato, Flexible Contracts, January
2010
2928 Gebhard Kirchgässner and Jürgen Wolters, The Role of Monetary Aggregates in the
Policy Analysis of the Swiss National Bank, January 2010
2929 J. Trent Alexander, Michael Davern and Betsey Stevenson, Inaccurate Age and Sex
Data in the Census PUMS Files: Evidence and Implications, January 2010
2930 Stefan Krasa and Mattias K. Polborn, Competition between Specialized Candidates,
January 2010
2931 Yin-Wong Cheung and Xingwang Qian, Capital Flight: China’s Experience, January
2010

2932 Thomas Hemmelgarn and Gaetan Nicodeme, The 2008 Financial Crisis and Taxation
Policy, January 2010
2933 Marco Faravelli, Oliver Kirchkamp and Helmut Rainer, Social Welfare versus
Inequality Concerns in an Incomplete Contract Experiment, January 2010
2934 Mohamed El Hedi Arouri and Christophe Rault, Oil Prices and Stock Markets: What
Drives what in the Gulf Corporation Council Countries?, January 2010
2935 Wolfgang Lechthaler, Christian Merkl and Dennis J. Snower, Monetary Persistence and
the Labor Market: A New Perspective, January 2010
2936 Klaus Abberger and Wolfgang Nierhaus, Markov-Switching and the Ifo Business
Climate: The Ifo Business Cycle Traffic Lights, January 2010
2937 Mark Armstrong and Steffen Huck, Behavioral Economics as Applied to Firms: A
Primer, February 2010
2938 Guglielmo Maria Caporale and Alessandro Girardi, Price Formation on the EuroMTS
Platform, February 2010
2939 Hans Gersbach, Democratic Provision of Divisible Public Goods, February 2010
2940 Adam Isen and Betsey Stevenson, Women’s Education and Family Behavior: Trends in
Marriage, Divorce and Fertility, February 2010
2941 Peter Debaere, Holger Görg and Horst Raff, Greasing the Wheels of International
Commerce: How Services Facilitate Firms’ International Sourcing, February 2010
2942 Emanuele Forlani, Competition in the Service Sector and the Performances of
Manufacturing Firms: Does Liberalization Matter?, February 2010
2943 James M. Malcomson, Do Managers with Limited Liability Take More Risky
Decisions? An Information Acquisition Model, February 2010
2944 Florian Englmaier and Steve Leider, Gift Exchange in the Lab – It is not (only) how
much you give …, February 2010
2945 Andrea Bassanini and Giorgio Brunello, Barriers to Entry, Deregulation and Workplace
Training: A Theoretical Model with Evidence from Europe, February 2010
2946 Jan-Emmanuel De Neve, James H. Fowler and Bruno S. Frey, Genes, Economics, and
Happiness, February 2010
2947 Camille Cornand and Frank Heinemann, Measuring Agents’ Reaction to Private and
Public Information in Games with Strategic Complementarities, February 2010
2948 Roel Beetsma and Massimo Giuliodori, Discretionary Fiscal Policy: Review and
Estimates for the EU, February 2010

2949 Agnieszka Markiewicz, Monetary Policy, Model Uncertainty and Exchange Rate
Volatility, February 2010
2950 Hans Dewachter and Leonardo Iania, An Extended Macro-Finance Model with
Financial Factors, February 2010
2951 Helmuth Cremer, Philippe De Donder and Pierre Pestieau, Education and Social
Mobility, February 2010
2952 Zuzana Brixiová and Balázs Égert, Modeling Institutions, Start-Ups and Productivity
during Transition, February 2010
2953 Roland Strausz, The Political Economy of Regulatory Risk, February 2010
2954 Sanjay Jain, Sumon Majumdar and Sharun W. Mukand, Workers without Borders?
Culture, Migration and the Political Limits to Globalization, February 2010
2955 Andreas Irmen, Steady-State Growth and the Elasticity of Substitution, February 2010
2956 Bengt-Arne Wickström, The Optimal Babel – An Economic Framework for the
Analysis of Dynamic Language Rights, February 2010
2957 Stefan Bauernschuster and Helmut Rainer, From Politics to the Family: How Sex-Role
Attitudes Keep on Diverging in Reunified Germany, February 2010
2958 Patricia Funk and Christina Gathmann, How do Electoral Systems Affect Fiscal Policy?
Evidence from State and Local Governments, 1890 to 2005, February 2010
2959 Betsey Stevenson, Beyond the Classroom: Using Title IX to Measure the Return to
High School Sports, February 2010
2960 R. Quentin Grafton, Tom Kompas and Ngo Van Long, Biofuels Subsidies and the
Green Paradox, February 2010
2961 Oliver Falck, Stephan Heblich, Alfred Lameli and Jens Suedekum, Dialects, Cultural
Identity, and Economic Exchange, February 2010
2962 Dimitrios Koumparoulis and Apostolis Philippopoulos, The Current Version of the
Bank of Greece Econometric Model, February 2010
2963 Frederick van der Ploeg and Cees Withagen, Is There Really a Green Paradox?,
February 2010
2964 Ingo Vogelsang, Incentive Regulation, Investments and Technological Change,
February 2010
2965 Jan C. van Ours and Lenny Stoeldraijer, Age, Wage and Productivity, February 2010
2966 Michael Hoel, Climate Change and Carbon Tax Expectations, February 2010

2967 Tommaso Nannicini and Roberto Ricciuti, Autocratic Transitions and Growth, February
2010
2968 Sebastian Brauer and Frank Westermann, A Note on the Time Series Measure of
Conservatism, February 2010
2969 Wolfram F. Richter, Efficient Education Policy – A Second-Order Elasticity Rule,
February 2010
2970 Tomer Blumkin, Yoram Margalioth and Efraim Sadka, Taxing Children: The Redistributive Role of Child Benefits – Revisited, February 2010
2971 Chang Woon Nam and Georg Wamser, Application of Regionally Varying
Additionality Degrees in the Practice of EU Cohesion Policy, February 2010
2972 Ali Bayar, Frédéric Dramais, Cristina Mohora, Masudi Opese and Bram Smeets,
Modeling Russia for Climate Change Issues, February 2010
2973 Magnus Söderberg, Informal Benchmarks as a Source of Regulatory Threat in
Unregulated Utility Sectors, March 2010
2974 Piotr Wdowiński and Marta Malecka, Asymmetry in Volatility: A Comparison of
Developed and Transition Stock Markets, March 2010
2975 Frans van Winden, Michal Krawczyk and Astrid Hopfensitz, Investment, Resolution of
Risk, and the Role of Affect, March 2010
2976 Hyun-Ju Koh and Nadine Riedel, Do Governments Tax Agglomeration Rents?, March
2010
2977 Johann K. Brunner and Susanne Pech, Optimum Taxation of Bequests in a Model with
Initial Wealth, March 2010
2978 Guglielmo Maria Caporale and Nicola Spagnolo, Stock Market Integration between
three CEECs, Russia and the UK, March 2010
2979 Florian Englmaier, Ales Filipi and Ravi Singh, Incentives, Reputation and the
Allocation of Authority, March 2010
2980 Konstantinos Angelopoulos, George Economides and Apostolis Philippopoulos, What
is the Best Environmental Policy? Taxes, Permits and Rules under Economic and
Environmental Uncertainty, March 2010

