
Anthoff, David; Dennig, Francis; Emmerling, Johannes

Working Paper

On Differentiated Carbon Prices and Discount Rates

CESifo Working Paper, No. 9243

Provided in Cooperation with:
Ifo Institute – Leibniz Institute for Economic Research at the University of Munich

Suggested Citation: Anthoff, David; Dennig, Francis; Emmerling, Johannes (2021) : On
Differentiated Carbon Prices and Discount Rates, CESifo Working Paper, No. 9243, Center for
Economic Studies and ifo Institute (CESifo), Munich

This Version is available at:
https://hdl.handle.net/10419/245424

Standard-Nutzungsbedingungen:

Die Dokumente auf EconStor dürfen zu eigenen wissenschaftlichen
Zwecken und zum Privatgebrauch gespeichert und kopiert werden.

Sie dürfen die Dokumente nicht für öffentliche oder kommerzielle
Zwecke vervielfältigen, öffentlich ausstellen, öffentlich zugänglich
machen, vertreiben oder anderweitig nutzen.

Sofern die Verfasser die Dokumente unter Open-Content-Lizenzen
(insbesondere CC-Lizenzen) zur Verfügung gestellt haben sollten,
gelten abweichend von diesen Nutzungsbedingungen die in der dort
genannten Lizenz gewährten Nutzungsrechte.

Terms of use:

Documents in EconStor may be saved and copied for your
personal and scholarly purposes.

You are not to copy documents for public or commercial
purposes, to exhibit the documents publicly, to make them
publicly available on the internet, or to distribute or otherwise
use the documents in public.

If the documents have been made available under an Open
Content Licence (especially Creative Commons Licences), you
may exercise further usage rights as specified in the indicated
licence.

https://www.econstor.eu/
https://www.zbw.eu/
http://www.zbw.eu/
https://hdl.handle.net/10419/245424
https://www.econstor.eu/
https://www.leibniz-gemeinschaft.de/


  

9243 
2021 

August 2021 
 

On Differentiated Carbon 
Prices and Discount Rates 
David Anthoff, Francis Dennig, Johannes Emmerling 



Impressum: 

CESifo Working Papers 
ISSN 2364-1428 (electronic version) 
Publisher and distributor: Munich Society for the Promotion of Economic Research - CESifo 
GmbH 
The international platform of Ludwigs-Maximilians University’s Center for Economic Studies 
and the ifo Institute 
Poschingerstr. 5, 81679 Munich, Germany 
Telephone +49 (0)89 2180-2740, Telefax +49 (0)89 2180-17845, email office@cesifo.de 
Editor: Clemens Fuest 
https://www.cesifo.org/en/wp 
An electronic version of the paper may be downloaded 
· from the SSRN website: www.SSRN.com 
· from the RePEc website: www.RePEc.org 
· from the CESifo website: https://www.cesifo.org/en/wp

mailto:office@cesifo.de
https://www.cesifo.org/en/wp
http://www.ssrn.com/
http://www.repec.org/
https://www.cesifo.org/en/wp


CESifo Working Paper No. 9243 

On Differentiated Carbon Prices and Discount Rates 

Abstract 

The consensus view amongst economists is that carbon prices, in order to be effcient, must be the 
same across the globe. But when there are inefficiencies in the allocation of capital so that 
consumers in different countries face different discount rates, we show that efficient carbon prices 
must be different across countries. This is a consequence of Hotelling’s familiar argument on the 
price of a non-renewable resource: it must grow at the rate of the next best use of marginal funds, 
which is equal to the country’s discount rate. If different countries discount at different rates, their 
carbon prices ought to grow at different rates as well. If they grow at different rates, they can’t be 
the same all of the time, as first-best carbon prices are. The computational climate policy literature 
has so far avoided this conclusion by altering time preferences in a country specific way through 
time-varying Negishi weights. We show that the use of such weights causes inefficient policy 
prescriptions and, furthermore, has the particularly undesirable consequence of incorrectly 
discounting future consumption more in countries with high growth rates. The existence of 
inefficiencies in the savings process - causing differences in discount rates - is well-known and 
should be acknowledged head on in climate policy analysis. Doing so results in global mitigation 
policy with carbon price paths for different countries growing (efficiently) at different rates. 
Keywords: carbon price, Hotelling rule, efficient climate policy, Negishi weights, integrated 
assessment models, discounting. 
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1. Introduction

Any meaningful climate mitigation policy will reduce global carbon emissions significantly
over the coming decades. Textbook efficiency conditions suggest that the cost of doing so
should be chosen so that the marginal costs of emission reductions are the same all over the
world and rising gradually over time. The cross-sectional equality of marginal costs and their
dynamic structure are interlinked; the marginal costs can only be the same in all countries if
they are also growing at the same rate in all countries. The rate at which the marginal costs
should efficiently grow is closely tied to inter-temporal discounting. So if some inefficiency
keeps countries from all discounting at the same rate, this textbook reasoning no longer holds.
In the presence of such inefficiencies, the marginal cost of abatement – or carbon prices –
will have to be different across countries in order to be efficient.

We explicitly model inefficient capital allocation in a textbook optimal savings model to
demonstrate that different discount rates across countries will alter the dynamic structure of
efficient carbon prices, causing them to grow at country specific rates. This is a consequence
of the arbitrage argument behind the familiar Hotelling rule for the price of a non-renewable
resource – it must grow at the rate of the next best use of marginal funds (Hotelling, 1931).
Given the possibility to re-allocate emissions between time periods, the price of reducing a ton
of carbon next year must be equal to the price of reducing the equivalent amount today times
the discount rate between today and next year. If, due to some friction, different countries
have different discount rates, their carbon prices must necessarily grow at different rates.
Two prices growing at different rates cannot be the same all of the time, so it is inefficient
to apply a uniform global carbon price at all times in all countries in such a context.

Our result is a typical instance of a second-best policy argument à la (Lipsey and Lancaster,
1956). There is a large literature on second-best environmental policy, which is focused mostly
on optimising the implementation of a carbon price within a jurisdiction given existing price
distortions – or wedges – in the fiscal system. The literature distinguishes between the
“revenue-recycling effect” – whereby carbon tax revenue could yield a double dividend by
replacing inefficiencies due to other taxes – and the “tax-interaction effect” – whereby the
efficient level of the carbon price is affected by existing distortions in the tax system.1 We
tackle an analogous question to the tax-interaction literature, but in the context of the
efficient distribution of carbon prices across countries rather than within the fiscal structure
of a single jurisdiction. Like that literature, we find that an existing inefficiency (in our case
in the savings process) affects the efficient level of the carbon price.

1Goulder (2013) provides a thorough review of the existing results. Prominent examples are Bovenberg
and de Mooij (1994); Parry (1995); Bovenberg and Goulder (1996).
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Focused, like us, on the distribution of abatement in a simple multi-country model, Chichilnisky
and Heal (1994) tackle a related, but distinct, question. In a static model they show that only
one out of all allocations on the efficiency frontier equalizes carbon prices across countries,
unless one assumes lump-sum transfers are made between countries. Our dynamic model
leads to a stronger conclusion, namely that there is no efficient policy that equates carbon
prices at all times if there is heterogeneity in discount rates. Our paper thus provides a
simple yet powerful argument that questions one of the cornerstones of the global climate
policy debate, namely that efficiency of climate policy requires uniform carbon prices.

A number of studies compute efficient carbon prices with models in which there is country
specific consumption growth. The Ramsey equation

%t = ρ+ γgt

links the discount rate %t to the consumption growth rate gt.
2 Cross-country differences

in consumption growth thus imply differences in the discount rate. By our main result,
such differences also imply differences differences in the growth rates of efficient carbon
prices. But almost all studies with disaggregation at the regional or country level recommend
a globally uniform carbon price growing at the same rate in all countries despite having
different equilibrium consumption growth rates. Furthermore, this is claimed to be efficient.
This is the result of a flawed but widespread modelling approach. Inspired by the original
“cooperative” solution in the RICE model (Nordhaus and Yang, 1996), several modelling
groups have adopted the solution based on time-varying Negishi weights in some of their
publications (for instance (Kemfert and Tol, 2002) with FUND, (Bosetti et al., 2009) with
WITCH, and Moore and Diaz (2015) with a derivative of RICE). These time-varying weights
achieve global uniform carbon prices despite differences in consumption growth rates by
modifying preferences so that they produce uniform carbon prices regardless of the underlying
constraints. To achieve this, the pure rates of time preference must be artificially increased
in low-growth countries and decreased in high-growth countries. Modified in just the right
way, such preferences result in uniform carbon price growth rates, as was the aim of the
authors. But the modification of time preference also changes the way in which future
climate damages are weighed relative to present mitigation investments. Since the way in
which climate damages are discounted is of such importance to the social cost of carbon
and thus to the reported optimal mitigation pathway, such ad-hoc alteration of discount
rates is particularly undesirable in the context of a climate policy model.3 The use of time-
varying Negishi weights is thus intricately linked to the prescription of uniform global carbon
prices in the presence of constraints that would make such a policy inefficient, as we show
below. But their use in climate policy models is also independently problematic because

2The pure rate of time preference ρ and the elasticity of marginal utility γ are preference parameters
governing intertemporal substitution (Ramsey, 1928).

3See Arrow et al. (1996) for an overview of the discounting debate.
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they implicitly modify time preference in models where such tinkering with preferences is
particularly undesirable. As far as we know, we are the first to show these preference altering
side-effects of time-varying Negishi weights.

What our analysis takes as given is that the consumption discount rates are different
in different countries, and that consequently the discount rates are heterogeneous. In the
standard neoclassical growth framework we use below, debt flows would equalise both interest
rates, consumption growth rates and – by the Ramsey equation – the discount rates %t. So
the observed differences in interest rates and consumption growth rates must be due to some
friction in the allocation of capital. The reason for the heterogeneity in consumption discount
rates (and whether the interest rates are heterogeneous at all) is a matter of significant
academic debate. We take no stand on the issue and simply acknowledge that some friction
must be at play driving a wedge between the discount rate of average consumption across
countries. We implement such a friction in a way that follows the model in Nordhaus and
Yang (1996) and interpret it in light of the approach taken in Gourinchas and Jeanne (2013)4.
Frictions, whatever their cause, appear in the model as wedges between the discount rates in
different countries. We apply these wedges without taking a stand on the underlying cause.
The literature proposes a variety of potential causes, including expropriation or default risk
(Reinhart and Rogoff, 2004), inefficiencies in the production of capital goods (Hsieh and
Klenow, 2007; Caselli and Feyrer, 2007), frictions in international capital markets (Monge-
Naranjo et al., 2019), local credit market imperfections (Banerjee and Duflo, 2005), or – what
the wedges resemble mathematically – taxes on savings.

Observed interest rate heterogeneity is probably best explained by a combination of the
enumerated factors. The important feature for our purpose is always the same: a wedge
between the consumption discount rates across different countries and its implications on the
efficient carbon price growth rates. Our main premise is that these inefficiencies are facts to
be acknowledged in the design of efficient climate policy. As we show below the second-best
carbon prices in light of these inefficiencies have different growth rates that depend directly
on the wedges needed to explain the heterogeneous consumption behaviour.

2. Efficient emissions allocations in a simple multi-country model

Consider I countries, each represented by a single agent i, living T periods, and trading
off consumption flows during different periods, cit, via an additively separable, discounted

4Gourinchas and Jeanne (2013) base their framework on Chari et al. (2007).
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utility given by

Ui =
T∑
t=0

βtu(cit)

where the felicity function u : R+ → R is strictly increasing, strictly concave and differen-
tiable.

Each country produces a single consumption/capital good, which it can consume, invest,
or borrow/lend at international capital markets. Production is a function of capital, kit, and
the country’s emissions, Eit:

yit = Fit(kit, Eit) : R+ × [0, Ēit]→ R+

This specification sees emissions as a productive factor. We restrict the domain of emissions
by an upper bound Ēit below which emissions are in fact productive, i.e., below which
FE,it > 0. We further assume that the production function is twice differentiable, and that
Fk,it > 0 and Fkk,it, FEE,it < 0 over the whole domain.5 These assumptions ensure convexity
of production which, along with convexity of preferences, ensures the existence of equilibria.

Finally, we also assume that Fit(0, E) = 0,∀E ∈ [0, Ēit], and Fit(k,E) > 0,∀k > 0, E ∈
[0, Ēit], as well as the Inada conditions on capital: limk→0 Fk,it(k,E) =∞ and limk→∞ Fk,it(k,E) =
0, ∀E ∈ [0, Ē]. As usual, these conditions ensure the existence of interior equilibria.

We denote net inflows from the world to country i in period t by bit, with negative values
corresponding to net outflows. With the inclusion of international flows of capital the resource
constraint in country i is given by

(1) kit+1 = yit + (1− δ)kit − cit + bit+1.

Naturally, total global borrowing and lending must equal zero in every period, so

(2)
I∑
i=1

bit = 0.

Our aim is to highlight a simple conceptual point about the evolution over time of efficient
carbon prices in different countries. To that end we will work with the simplest allocation
problem that requires a time varying carbon price; the efficient allocation across time and
space of a fixed amount of carbon cumulative carbon emissions. Our conclusions would
survive the extension to an endogenous atmospheric carbon stock causing a climate change
externality and thus damage to future output. But our main point stands out more clearly
against the familiar Hotelling rule that results from a fixed cumulative emissions assumption.

5Here Fx,it denotes the derivative of Fit with respect to x and Fxy,it denotes the respective second
derivative.
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Such an assumption can be rationalised as a desire keep the atmosphere below a temperature
threshold, for example.

Total global emissions are

Et =
I∑
i=1

Eit

Denoting the stock of atmospheric carbon by St the carbon dynamics take a simple linear
form.6

St+1 = St + Et,(3)

The main constraint we impost is that the carbon stock remain below an exogenously given
maximum, B. We will refer to a distribution of emissions, {Eit}i≤I,t≤T , as admissible if it
ensures that

(4) St ≤ B, ∀t ≤ T.

According to the bottom up approach espoused by the Paris agreement via the intended
nationally determined contributions (INDCs), the emission levels Eit are determined by na-
tional governments. The reasons governments might have for taking a particular abatement
path are various, including responsiveness to environmental preferences of citizens, strategic
energy policy considerations, and interlinked negotiating positions in different international
forums governing climate and trade policy. In our model there are no private incentives to
take any abatement action at all. Instead our approach is to take an admissible distribution
of emissions {Eit}i≤I,t≤T as given, and evaluate whether the equilibrium that results from
such an allocation is efficient. Those allocations that do not result in an efficient equilibrium
can reasonably be rejected.

International capital movements are modelled as the equilibrium outcome of savings and
inter-temporal trade in capital. Denoting by rt the interest rate paid on international capital,
the international asset position of country i evolves according to

(5) Ait+1 = (1 + rt)Ait − bit

For any admissible distribution of emissions, we define an admissible world equilibrium in
international capital markets as a sequence of consumption, capital, and international asset
positions for each country {cit, kit, Ait}1≤i≤I,0≤t≤T , and a time path of interest rates {rt}1≤t≤T ,

6Here we implement the simplest case of a fixed carbon stock. This is more restrictive that necessary for
our conclusions. Adding removal rates to the atmospheric carbon dynamics would alter the details of the
mathematics, but would keep the qualitative conclusions intact.
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such that each country’s allocation maximises its utility subject to (1), (5), and AiT = 0, and
so that international financial markets clear: (2). Note that each admissible distribution of
emissions results in a different admissible world equilibrium.

Under the assumptions made on preferences and production, such an equilibrium exists
for any admissible distribution of emissions, and the necessary conditions are the familiar
ones. In particular, the consumption Euler equation, and the requirement of efficiency of
production plans tie the consumption and capital sequences to the interest rates:

β
u′(cit)

u′(cit−1)
=

1

1 + rt
(6)

1

1 + Fk,it(kit, Eit)− δ
=

1

1 + rt
(7)

An admissible distribution of emissions is efficient if the resulting admissible world equi-
librium is Pareto efficient. The definition results in two necessary conditions on the world
equilibrium; relating marginal productivity of emissions - equivalently the marginal cost of
abatement or implicit carbon prices – across space and time.

In every period t, the carbon price must be the same in all countries:

(8) FE,it = FE,jt, ∀i, j, t < TB

and in each country, the carbon price must grow at the rate of interest:

(9)
FE,it
FE,it−1

= (1 + rt), ∀t < TB

where TB is the first period during which the carbon stock has reached the threshold B.

The first condition is so well known that it is provided without proof. The second is, in
effect, Hotelling’s rule for the optimal use over time of an exhaustible resource. The following
variational argument, due to Hotelling (1931), establishes the necessity.

Hotelling’s variational argument. Consider an admissible distribution of emissions and
resulting admissible world equilibrium such that for some country i, FE,it < FE,it−1(1 + rt). If
emissions are decreased by ∆ in period t and increased by ∆ in period t− 1, for a sufficiently
small ∆ > 0 the resulting distribution remains admissible. This is true as long as ∆ small
enough so that the carbon budget isn’t reached at the beginning of period t on account of
the additional ∆ emissions at t − 1. Such a shift in the timing of country i’s emissions
results in a first order gain in output of ∆FE,it−1 in period t − 1, and a loss of −∆FE,it in
period t. Whether or not that is an improvement to country i depends on its marginal rate
of substitution between those two periods – the discount rate – which in equilibrium is equal
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to 1/(1 + rt) by condition (6). The net effect on country i’s utility is

(10) ∆FE,it−1 −∆FE,it
1

1 + rt
> ∆FE,it−1 −∆FE,it−1(1 + rt)

1

1 + rt
= 0

The inequality is due to the assumption that FE,it < FE,it−1(1 + rt).

Since the altered distribution of abatement remains admissible, and comes at no cost to
other countries, the demonstrated improvement for country i establishes a Pareto improve-
ment. The case when FE,it > FE,it−1(1 + rt) is shown analogously.

The essence of the argument is that gains can be achieved via the intertemporal reallocation
emissions unless the marginal productivity of emissions grows at the discount rate. Combined,
the two conditions require an admissible distribution of emissions that result in carbon prices
that are the same in all countries, and grow uniformly at the international interest rate rt.

2.1. Second best emissions allocations with imperfect capital markets. The previ-
ous section reviews the well known results that in order to be efficient, emissions must be
allocated in a way that equates their marginal productivity across all users, and so that the
marginal productivity grows at the rate of interest.

The result on the growth rate highlights the role played by the intertemporal allocation of
the consumption good in determining the growth of the carbon price. If the marginal rate of
substitution (MRS) between consumption in two periods is greater than the growth rate in
the cost of reducing a ton of emissions – the carbon price – then it is advantageous for the
country to delay some emissions. In this section we consider equilibria in which the MRSs
differ across countries. In such a situation, the incentives to delay or bring forward emissions
differ across regions, making the inter-temporal allocation of emissions efficient at different
carbon price growth rates in different countries.

Of course, a situation in which an MRS differs across countries is an inefficient situation to
begin with, since countries could trade in the good they value relatively less for the good they
value relatively more. But that is just the – well known – situation in international capital
markets. Average interest rates – a measure of the MRS if internal capital markets operate
efficiently – and consumption growth rates – linearly dependent on the MRS under by the
Ramsey equation – differ significantly across jurisdictions.7 This observed inefficiency has

7The literature on international capital flows in particular is deep and sophisticated. Notably Caselli and
Feyrer (2007) claim that, correctly measured the marginal product of capital doesn’t exhibit systematic bias,
while Monge-Naranjo et al. (2019) claim the opposite.
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many possible causes, all of which have similar implications on the equilibrium conditions,
namely wedges between individual countries’ MRSs and the prevailing interest rates.

A large literature studies the causes of these wedges and the entirety of development finance
makes it its goal to overcome them. In what follows we take the underlying financial market
inefficiencies as given, and simply accept that there will be wedges causing the marginal rates
of substitution not to be equalised across countries. In doing so, we do not wish to minimise
the importance of efforts to reduce these underlying inefficiencies. They are of significantly
greater magnitude than the second best inefficiency resulting from equalised carbon prices
that we illuminate here. But the effort to address frictions in international capital markets is
already underway, while their implications for second best carbon prices that we show here
is not even well understood.

There are a number of ways to model the presence of wedges in the inter-temporal allocation
of consumption. The simplest approach, taken here, is to assume constraints on the net level
of international assets countries can hold. Recall from (5) that Ait is the international asset
position of country i in period t. In the simplest case we can assume exogenous lower bounds
on negative assets Āit < 0 such that

(11) Ait > Āit < 0

If such a constraint binds for a particular country, it means that any further capital that could
beneficially flow to the country is prevented from doing so. As a consequence of such a binding
constraint the country will be left valuing current consumption over future consumption at
a higher rate than other countries at which the constraint doesn’t bind.

Formally, for any admissible distribution of emissions we define the admissible constrained
equilibrium in analogy to the admissible world equilibrium by requiring (11) in addition to
(1), (5), and AiT = 0.

The equilibrium conditions for any admissible world equilibrium are given by (6) and (7).
The analogous conditions for the admissible constrained equilibrium are

β
u′(cit)

u′(cit−1)
=

1− wit
1 + rt

(12)

1

1 + Fk,it − δ
=

1− wit
1 + rt

(13)

where wit is positive during periods in which (11) binds and zero otherwise.8 Thus, when
the constraint binds, the country discounts the future at a higher rate than the prevailing

8With our chosen source of constraint, wit = φit/λit, where the λ are the Lagrange multipliers on (1) and
the φ are the multipliers on (11). Under an alternative specification the exact definition of wit will vary.
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interest rate rt, and would want to borrow (decrease it’s negative international asset position
further) but is prevented from doing so.

The constraints (11) are admittedly ad-hoc and unlikely to reflect the actual processes
holding up capital accumulation in countries with high interest rates and consumption growth
rates. Our results below do not depend on this exact form of capital market inefficiency, but
rather on the presence of non-zero wedges wit, which could exist for a large number of more
realistic reasons.

By the Euler equation (12) we could simply take the observed cross-country differences in
consumption growth rates on the left hand side to imply the existence of wedges on the right
hand side. Such is the empirical approach taken in Gourinchas and Jeanne (2013), which we
could have followed by simply postulating wedges of a certain magnitude, without specifying
their cause. In this sense, the constraints (11) are just a modelling convenience to generate
the wedges wit, and needn’t be taken literally as their cause.

How do the wit affect the efficiency of admissible emission distributions, previously de-
termined by (8) and (9)? Recalling the inequality (10) which constitutes the variational
argument establishing conditions (8) and (9), the situation is inefficient unless

∆FE,it−1 = ∆FE,it ×MRSt−1,t.

In the situation covered by Hotellings variational argument on page 7 the MRSt−1,t = 1/(1+
rt). In the situation with wedges discussed here, the argument is identical, except that
MRSt−1,t = (1− wit)/(1 + rt).

We state this result formally as a proposition.

Proposition 1. If an admissible constrained equilibrium features non-zero wedges wit, then
Pareto improvements are possible by re-allocating country i’s emissions across time unless

(14)
Fa,it
Fa,it−1

=
1 + rt
1− wit

, ∀t < TB,

where TB is the first period in which the carbon budget is reached.

The direct implication of Proposition 1 is that wedges in the Euler equation will lead to
wedges the carbon price growth rates if a country’s emissions are allocated efficiently across
time. The following simple calculation judges the quantitative impact on the divergence of
efficient carbon prices of accounting for differences in discount rates. Assume the felicity
function has a constant elasticity of substitution, u(c) = (c1−γ − 1)/(1 − γ), with γ = 1.5.9

9This is a approximately the mean amongst the values assumed by experts on climate policy Drupp et al.
(2018).
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The difference in the per capita consumption growth rate between India and the USA since
1980, for example, has been approximately 3% per annum. Using (12) to estimate the wedge
between the two countries this implies a 4.5% per annum difference in carbon price growth
rates. Had carbon prices been efficiently applied in the last 30 years. Even if the difference in
consumption growth rates narrows significantly in the future as convergence runs its course,
an annualised difference of at least 1% – with an implied wedge of 1.5% – might be expected
over the coming decades.

If they grow at different rates, carbon prices in different countries cannot remain the same.
A difference of 1.5% over accumulated 50 years amounts to 210%. If carbon prices were to be
equalised at full mitigation in 2070, the carbon price in India would have to be less than half
what it is in the US in order to be efficient. This stands in stark contrast to the commonly
advocated equal carbon price prescription.

As mentioned above, this result is only predicated on the existence of country specific
wedges, wit, and not on the particular type of constraint on foreign assets that we impose.
There are, in fact, many possible reasons for the existence of such wedges. The usual credit
market imperfections invoked in the literature on international capital movements, such as
expropriation risk, sovereign default risk, bureaucracy and corruption, fit the bill. Country
specific iceberg costs in installing physical capital similarly result in non-zero wit, which
would also have resulted in these implications.

3. Regional models and uniform carbon price prescriptions

A number of computational models of climate change assume that consumption growth
is different across the model countries/regions. But the theoretical point we just made in
Proposition 1 – that such different consumption paths ought to lead to different carbon price
paths – has not been raised in any of them.

This is in part due to a widespread solution procedure, proposed in Nordhaus and Yang
(1996) as the cooperative solution, which cancels the result we just presented. The original
paper acknowledges that much. Having imposed constraints against international capital
flows in their optimisation model in order to maintain different consumption growth rates in
equilibrium, the authors found that their “algorithm will not produce the necessary complete
price equalisation for carbon”.10 They seem to presume a priori that carbon prices ought to
be equalised, and set about to modify their solution concept in order to get such an outcome.
We briefly explain what they did, why it is wrong, and how it matters to climate policy.

10Nordhaus and Yang (1996) pg. 747, our emphasis.
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For simplicity of exposition, in this section we will assume throughout that the felicity
function is u(c) = (c1−γ − 1)/(1− γ).

According to a result due to Negishi (1960) weights {αi}i≤I can be chosen so that the
optimum of

(15)
I∑
i=1

αi

T∑
t=0

1

(1 + ρ)t
c1−γ − 1

1− γ

subject to resource constraints yields the competitive equilibrium subject to a set of initial
endowments and the same resource constraints. Following this approach Nordhaus and Yang
(1996) cast the optimal mitigation problem as an equilibrium outcome with appropriately
assigned property rights to emissions. As quoted in the paragraph above, in order to avoid
counter-factual equilibrium foreign asset balances, they impose restrictions of the form (11),
and these resulted in an allocation of abatement in which carbon prices are not equalised
across countries. In light of Proposition 1 above this is of course not surprising. But rather
than offer such an allocation of abatement as the efficient policy, Nordhaus and Yang (1996)
do something completely different.

They found that if, instead of solving for optimum of the objective (15), they optimise a
different objective altogether, they could get equal carbon prices despite the capital market
frictions. The objective their cooperative solution maximises is

(16)
I∑
i=1

αi

T∑
t=0

t−1∏
τ=1

[
(1 + giτ )

γ

(1 + ḡγτ )γ
1

1 + ρ

]
u(cit).

where git is the growth rate of consumption in country i during period t, and ḡγt is the growth
rate of the generalised mean of order γ of global consumption,11 and αi = cγi1/

∑
j c

γ
j1. The

parameters αi, git and ḡγt depend on the endogenous consumptions and consumption growth
rates, but in the optimisation they are held constant. If the resulting optimal consumptions
are different from those used in the weights, these values are iterated into the weights until a
fixed point is reached. At the fixed point solution the consumptions used in the definition of
the weights are in fact the optimal consumption levels given those weights. This fixed point
is the time-varying Negishi solution proposed by Nordhaus and Yang (1996).

The solution is not an equilibrium of a model in which the representative agents have
preferences given by (??). Neither is is an efficient outcome of a model with such preferences.

11The generalised mean of order ζ of a distribution {xi}i∈I is defined as

x̄ζ =

[
1

|I|
∑
i∈I

xζi

] 1
ζ

It is increasing in γ, approximating maxi{xi} as γ goes to infinity.
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Instead, the solution represents the Pareto efficient outcomes to a problem in which country
i’s representative agent has utility

(17)
T∑
t=0

t−1∏
τ=1

[
(1 + giτ )

γ

(1 + ḡγτ )γ
1

1 + ρ

]
(c1−γit − 1)/(1− γ)

By comparing (??) with (17) one can see that getting from the former to the latter amounts to
a modification of time preferences. Instead of having a constant per period pure time discount
factors of 1/(1 + ρ), the modified objectives have pure time discount factors between period
t and period t+ 1 of

βi,t,t+1 =
(1 + git)

γ

(1 + ḡγt)γ
1

1 + ρ
≈ 1

1 + ρ+ γ(ḡγt − git)
.

Or, as shown in the continuous approximation on the right hand side, one can think of the
discount rate as increased by the term γ(ḡγt − git).

How does this affect the resulting carbon prices? From Proposition 1 we know that the
necessary condition for efficiency of carbon prices is that they grow at the consumption
discount rate between the two periods in question which is given by (12). Since in the time-
varying Negishi solution the discount factor between t and t+ 1 is given by βi,t,t+1, replacing
β with βi,t,t+1 in (12) yields the discount rate under time-varying Negishi preferences:

βi,t,t+1
u′(cit+1)

u′(cit)
= βi,t,t+1

(
cit
cit+1

)γ
=

βi,t,t+1

(1 + git)γ
=

1

(1 + ρ)(1 + ḡγt)γ

Since the mean growth rate ḡγt is independent of country, the modification of time pref-
erences achieves an equalisation across countries of perceived discount rates, irrespective of
constraints that might generate wedges between the actual consumption discount rates, which

must still equal 1
1+ρ

u′(cit+1)
u′(cit)

and are not the same across countries as long as countries are

growing at different rates.

We raise this point about the time-varying Negishi weights because they have been an
important feature of the computational climate policy literature and have obscured the im-
portant result about efficiency that we demonstrate above. But we also take the opportunity
to highlight another error they can cause. These weights have as a consequence that the
discount rate is incorrectly reduced in high growth countries and increased in low growth
countries. It is well known that small differences in the discount rate make an enormous dif-
ference to the social cost of carbon that is often estimated in computational climate models.
A difference 1.5% per annum amounts to the difference in the conclusions of Professors Stern
and Nordhaus on the urgency of climate action (Stern, 2006; Nordhaus, 2007). Given that
differences in consumption growth rates can be quite large (3% per annum between India
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and the US in the past 30 years), the resulting bias to the social cost of carbon might be an
important error.

4. Conclusion

We have shown that the inefficiency that causes heterogeneity in the savings process affects
the way we evaluate carbon mitigation policy. A single global carbon price, growing at the
same rate everywhere, is inefficient in this second best context, and ought to be discarded in
favour of country specific carbon prices, growing in proportion to the consumption discount
rate implied by the local consumption growth rate. We find a sort of Hotelling rule, region
by region.

As can be deduced from our discussion of time-varying Negishi weights, there is a situation
in which such regional differences in carbon prices are not necessary for efficiency even when
discount there is an inefficiency in the savings process. That is when time preferences in
different regions happen to be modified in just the right way – namely according to (17) –
to counter the preference for differently growing carbon prices. Such a modification would
be warranted if time-preferences genuinely differed in such a way across countries. But to
simply assume a change preferences in order to get uniform carbon prices is to manipulate
the input to get one’s desired output and puts the cart before the horse.

We argue that this is an important second-best consideration in the formulation of global
climate policy. Much of the climate policy research community takes the efficiency of globally
uniform carbon prices as given, and a number of initiatives argue for a global climate policy
agreement in which countries pay the same opportunity cost for the marginal tonne of CO2

emissions reductions. But as we have shown this is based on a static view of the problem,
and does not account for the dynamic structure of the decarbonisation process, especially in
light of incompletely integrated international capital markets.

The correct way to understand our result is that an equilibrium in which emissions are
allocated across countries in a way that equalises carbon prices will not be efficient, if the
equilibrium features cross-country differences in discount rates (or interest rates). What
our results cannot speak to is whether trade international trade in emissions permits (from
a predetermined allocation in which the price of permits are not equalised) will result in
an improvement. In a world without any frictions, that type of trade would result in a
Pareto improvement over the previous allocation. In a world with wedges in the interest
rate, whether or not trade in permits results in an improvement will depend on how the
trade in permits affects the the capital markets and thus the wedges in the new equilibrium.
To answer that question we would have to take a explicit stand on the nature of the frictions
that cause the wedges, and, furthermore, make an assumption about how trade in permits
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interacts with the capital market frictions. This is an important question for the formulation
of international climate policy that we leave to future research.

Ours is not a result on appropriate carbon prices and abatement effort in light of equity
concerns, such as Chichilnisky and Heal (1994); Sandmo (2007); Anthoff and Tol (2010);
Dennig et al. (2015); Anthoff and Emmerling (2019). Our argument – being about growth
rates of all efficient outcomes – does not eliminate the question of the international distri-
bution of abatement effort. In fact, the question of the overall distribution of effort (how
much of the total remaining carbon budget should different countries get) is orthogonal to
the dynamic efficiency issue raised here. Our point is simply that if countries have different
discount rates, insisting on equal marginal abatement cost throughout the upcoming decades
of decarbonization is inefficient, because gains are on the table from re-allocating effort within
countries across time.
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